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Abstract
We study collaboration among selfish agents in the air traffic management domain, in
particular in the tactical airport planning domain. Collaboration can be seen as a social
exchange scenario, in which the efforts of performing tasks are the resources that are being
exchanged. We investigate the use of money as a facilitator for distributed social exchange.
We give conditions under which a market mechanism with the use of standard currency
leads to efficient and equitable exchange among benevolent agents. We show that with
selfish agents, under the same conditions efficiency and equitability are not guaranteed.
We investigate whether a coalition of benevolent agents can penalize malicious agents such
that efficiency and equitability are restored. We show that a straightforward penalty rule
is not robust, as it is attractive to deviate from it.
In the second part of this paper, we present a novel currency system that facilitates
efficient and equitable exchange among selfish agents. The mechanism allows each agent
to issue its own money and circulate that of others. Each credit is valuated individually,
based on the reputations of the agents that have used the credit. We give a condition on
the reputations under which the system successfully penalizes malicious agents. Unlike
the standard currency system, this system is robust as it is not attractive to deviate from
the penalty rule.

1

Introduction

There are two important trends in current day air traffic management (ATM) research.
Firstly, a lot of research is done on what is called collaborative decision making [3, 10]. The
aim of this research is to increase the amount and quality of information that is exchanged
among the several parties involved in ATM. This will lead to an improved ability to plan
operations, both in the short and the long run, and an improved ability to adapt plannings
to occurring deviations.
Secondly, market-based techniques are more and more being investigated and applied in
several areas, including slot allocation [4, 13], slot exchange [22, 3] and route charging [9, 6].
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The need for new, more efficient techniques is strong, as airports and airways worldwide
are at or near their maximal capacity. Nevertheless, most innovative proposals never actually
make it to implementation. In our view, this is a result of thinking only in terms of the classical
aim of ATM, namely efficiency. In this paper we argue that a focus on equity is needed too
to make collaborative techniques successful. Equity is beginning to receive attention in the
ATM literature [23], but it has not been thoroughly researched yet.
The domain of our research is the phase of planning known as tactical airport planning.
This phase of planning is concerned with the sequencing of arriving and departing aircraft
and their scheduling on the gates, as well as with various ground handling services. A predetermined plan exists, but deviations that occur at the last moment may make it infeasible.
In that case the plan needs to be repaired. This can involve delaying flights, changing gates
or runways, putting passengers or luggage on other flights, rescheduling ground services, etc.
Plan repair is currently done by human air traffic controllers. This significantly limits
the complexity of repairs that can be constructed. As a rule of thumb, planning conflicts are
resolved in such a way that all parties other than the responsible party are affected as little
as possible. For instance, if an incoming flight is delayed and as a result its gate reservation is
delayed and a conflict with the next gate reservation occurs, the first reservation is taken off the
gate and scheduled at the next available spot in the planning. Collaboration among airlines
occurs very little, firstly because many airport procedures are not designed for collaboration,
and secondly because airlines are not eager to help each other as they have no guarantee that
provided help will be reciprocated.
Efficiency is traditionally the main aim of plan repair. Plans should be repaired in such
a way that the total effort incurred by the parties involved is minimal. However, the rule
of thumb described above shows that equity is implicitly required as well; controllers try to
avoid airlines being affected by problems they did not cause.
We view tactical airport planning as a social exchange scenario, in which airlines exchange
favours by helping to solve each others problems. We give definitions for efficiency and equity
in the plan repair scenario and show that the latter is a criterium that should be measured
over a longer period of time. We propose an agent-based plan repair mechanism in which
airlines are able to jointly elect efficient repairs and in which a minimum level of equity is
guaranteed. A key assumption is that agents are self-interested; they will try to maximize
their own utility at the cost of others if possible. Nevertheless, they also care about their
relative utility. An agent would not agree on a collaboration mechanism that gives another
agent a much larger advantage than itself. It is well known that equity is an important factor
in joint decision making [27, 7].
We also study the applicability of money as a facilitator for reciprocal exchange. We show
that standard currency is a good facilitator of exchange if agents are benevolent. If agents are
selfish however, the use of standard currency may lead to significant inequity. As a solution,
we propose a novel monetary system that can be used by selfish agents to achieve efficient
and equitable exchange.

2

Efficient and equitable exchange

We model the plan repair problem as a repeated resource allocation problem. Let A =
{ 1, 2, . . . , k } be the set of agents, with typical elements i, j ∈ A.
In each round r, one
agent, the problem owner or ∈ A, has caused a planning conflict. Let o = h o1 , o2 , o3 , . . . i be
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the infinite owner vector denoting problem owner or for round r.
Each round, there are a number of ways in which a planning conflict can be resolved.
These are called repair candidates. We assume that there are m candidates in each round,
with typical notation c ∈ { 1, . . . , m }. A repair candidate allocates a single task to a single
agent. Different repair candidates involve different tasks, which have different utilities to the
agents performing them. Let u : A × A × N × N → R be the utility profile that, given two
agents i and j, a round r and a candidate c, gives the utility that agent i incurs in aid of agent
j in round r in candidate c. Throughout this paper we consider u given, and will therefore
omit it in most definitions. We use notation ui,j,r,c to denote u(i, j, r, c). The candidates we
will consider consist of only a single task1 , which we assume to have a negative utility, i.e.,
∀r, c : ∃i : (ui,or ,r,c < 0 ∧ ∀j : j 6= i → uj,or ,r,c = 0). The agent performing the task in a
candidate is called the actor, denoted ar,c . Performed tasks are always in aid of the problem
owner, so we have ∀r, c, i, j : j 6= or → ui,j,r,c = 0. Also, we assume that plan repair starts in
round 1 and require ∀i, j, c : ui,j,0,c = 0. Note that we model candidates only in terms of the
utilities that are incurred by the agents executing them.
We use the following derived notation for groups of agents
XX
uI,J,r,c =
ui,j,r,c
i∈I j∈J

ur,c = uA,A,r,c
We will sometimes omit braces for a set with a single element, e.g. as in ui,A,r,c . We will
sometimes use a tuple notation for candidates, e.g. h 0, −10, 0 i denotes a candidate assigning
a task to agent 2 with utility -10. The set of agents A, the utility profile u and the sequence
of owners o comprise a plan repair problem set, denoted π = h A, u, o i.
In every round, there is at least one candidate that assigns a task to the problem owner,
usually with a relatively low utility, i.e., a utility more negative than the others. This is called
a default candidate. Thus, for a default candidate d in round r, it holds that ar,d = or .

2.1

Efficient exchange

We say that a candidate c in round r is efficient iff
∀c0 : c0 6= c → ur,c0 ≤ ur,c

(1)

Each round, one of the candidates has to be elected. Let e = h e1 , e2 , e3 , . . . i be an allocation,
being an infinite sequence of elected candidates e1 , e2 , e3 , . . . for rounds 1, 2, 3, . . .. Let
Ui,r (e) =

r
X
t=1

ui,A,t,et

UA,r (e) =

r
X

uA,A,t,et

t=1

be the cumulative utility of agent i up to and including round r and the cumulative efficiency
of allocation e up to and including round r respectively.
Definition 1 (Efficient allocation). An allocation e is efficient in round r iff for any other
allocation e0 it holds that UA,r (e) ≥ UA,r (e0 ).
1

We chose to use single-task candidates to keep the complexity of the theory to a minimum. Nevertheless,
the notation we will use is for the largest part also suitable for multi-task candidates. See also section 8 for a
discussion.
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Under the assumption that candidate sets are independent from elected candidates, we
have
Proposition 2.1. Let e be an allocation. Then, e is efficient in round r ⇐⇒ ∀t ≤ r : et is
efficient.
Proof. (⇒) Suppose that there is a round t in which et is not efficient. Then there exists c∗
such that ut,c > ut,er . It is easy to see that for the allocation e0 = h e1 , e2 , . . . , et−1 , c∗ , et+1 , . . . , en i,
it holds that UA,r (e0 ) > UA,r (e). Thus, allocation e is not efficient in round r.
(⇐) Suppose that e is not efficient in round r. Then, ∃e0 : UA,r (e0 ) > UA,r (e). Then,
there exists t∗ such that ut,e0 ∗ > ut∗ ,et∗ . Then, e∗t is not efficient.
t

2.2

Equitable exchange

Besides being a resource allocation problem, the plan repair problem can also be seen as a
social exchange scenario. An airline will be willing to help another airline if it knows that its
actions will be reciprocated. An exchange of effort can result that is beneficial for each of the
participants. However, such an exchange should be equitable in the eyes of the participants.
Equity in social exchange scenario’s has been thoroughly researched in the social science
literature. In most influential papers, equitable exchange is defined as satisfying an equation
of the form:
Oy
Ox
=
(2)
Ix
Iy
where Ix and Ox denote the inputs and outputs respectively of agent x that are perceived
as relevant in the exchange [11, 1, 24]. Inputs are usually derived from differences in social
status, education, race, sex, etc [11]. Outputs are usually interpreted as gains minus costs
[11].
Interpreting (2) for the ATM case, we first observe that Ii is equal for each agent i. The
fact that all airlines are considered equal shows for instance in the first come first serve rule
that is widely used in airport operations. Also, airlines do not hesitate to go to court if they
feel treated unfairly, often with success [19].
To interpret Ox , we need to determine what the gains and costs of the agents in the
exchange are. Two interpretations can be defended. First, the marginal utility gain of an
agent could be taken to be its output, i.e., Ui (e) − Ui (e0 ) where e is the allocation as a result
of the exchange, and e0 is an allocation that would have occurred if no collaboration took
place. The main argument for this interpretation is probably that the marginal utility gain
is that what an agent itself perceives as its output, its nett gain as a result of participating
in the exchange.
Alternatively, one could only consider the utilities of executing tasks, and thus ignore
utility gains of agents ‘receiving’ tasks. Two arguments can be given to defend this interpretation. Firstly, considering only utilities of executing tasks is considered equitable in real
life. Consider the following illustration. My neighbour and I have agreed on an exchange of
tasks; I fix her computer and she bakes a cake for me. It might be the case that by fixing her
computer, she is able to send her application form in time, giving her the job of her life. In
that case her utility gain would be much higher than mine. Nevertheless, the exchange can
be considered to be equitable, since the effort spent by both sides is equal.
Secondly, determining the marginal utility gain can be highly impractical. Consider the
following scenario. An aircraft runs out of fuel and needs to land immediately. For this
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it needs the collaboration of the aircraft in front of it, which has to go out of the landing
sequence so that the first aircraft can take its place. Suppose that if the second aircraft
does not cooperate, the first aircraft could not land and would crash. If they would equalize
marginal utility gains, they would have to determine the utility of crashing, which would be
a very low value. This results in a very high potential utility gain for the first aircraft, which
somehow would have to be equalized. It would be very hard for the first aircraft to reciprocate
the second aircraft by anything else than saving it in a similar situation. Clearly, determining
and transferring such utilities is highly unpractical. It is far more likely that both parties will
agree on the first aircraft reciprocating the help of the second by an action of comparable
effort. For the two reasons given, we choose to consider the utilities of performing tasks to
be the outputs in the exchange. Let
out
Ui,r
(e) =

r
X

ui,A\i,t,et

t=1
in
Ui,r
(e) =

r
X

uA\i,i,t,et

t=1
self
Ui,r
(e) =

r
X

ui,i,t,et

t=1

be the total utility agent i provided to others, the total utility others provided to i and the
total utility i provided to itself respectively in allocation e up to round r.
out (e) =
Definition 2 (Equitable exchange). Allocation e is equitable in round r iff ∀i : Ui,r
in (e).
Ui,r

It will not always be possible to find or achieve an equitable allocation. In that case, we
strive for an allocation that is minimally inequitable. Inequity is measured using the nett
transferred utility, defined as follows for an agent i in allocation e in round r.
nett
out
in
Ui,r
(e) = Ui,r
(e) − Ui,r
(e)

As a measure for inequity, we use the egalitarian notion that inequity is equal to the nett
transferred utility of the worst off agent.
Definition 3 (Inequity of exchange). Inequity of allocation e is defined as
nett
nett
nett
Ur− (e) = min{ U1,r
(e), U2,r
(e), . . . , Uk,r
(e) }

Note that the utilities of actions an agent performs to solve its own conflicts do not affect
the inequity of the exchange. When it is clear which allocation is referred to, we will use
out = U out (e), etc.
abbreviations Ui,r = Ui,r (e), Ui,r
i.r

3

Market mechanism

A market mechanism is a mechanism in which users transfer resources in exchange for money,
where prices are determined by means of some clearing mechanism, for instance an auction.
From another perspective, a market mechanism is a distributed administrative system for
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social exchange. Agents transfer resources in exchange for money. If an agent has provided
many resources to others, it is entitled to receive many resources in return. As it has accumulated a corresponding sum of money, it is able to get these resources in return. Thus,
the monetary balance of an agent represents, in an ideal market, the amount of utility an
agent is entitled to or should provide from the viewpoint of equity. The fact that the market
mechanism is a distributed system follows from the fact that no central authority is needed to
keep track of who is entitled to what. Each agent itself possesses a certain amount of money
that represents its entitlement.
We introduce the notion of a plan repair market, a plan repair mechanism based on the
market paradigm. In each round r the problem owner or opens a auction in which actors
may submit ask prices for the tasks of the candidates they are part of. Auctions in which
sellers compete for the right to sell are called procurement auctions. We assume that agent
have private values, i.e., an agent will not change its utility of a task once its learns the price
submissions of other agents. This is a realistic assumption, as different agents will usually be
submitting prices for different tasks.
We will use qr,c ∈ R to denote the ask price of agent ar,c in round r for executing its part
in candidate c. When qr,c = −ur,c we say that qr,c is a cost price. For technical convenience,
we also use notation
(
qr,c if i = ar,c ∧ j = or
qi,j,r,c =
0
otherwise
qi,j,r,c may be read as “the price that agent i asks to agent j for executing its task in candidate
c in round r”. We require ∀i, j, r, c : ui,j,r,c = 0 → qi,j,r,c = 0. So, an agent may not ask a
price other than 0 for a candidate in which it is not assigned a task. We use the following
abbreviations.
XX
qI,J,r,c =
qi,j,r,c
i∈I j∈J

qr,c
nett
qi,r,c

= qA,A,r,c
= qA,i,r,c − qi,A,r,c

qA,A,r,c may be read as “the price asked by the actor in candidate c in round r to the owner
nett may be read as “the price that will be paid
in round r”, i.e., qar,er ,or ,r,c . Furthermore, qi,r,c
nett
by agent i in round r is c is elected”. If qi,r,c is negative, it denotes the price that agent i will
receive in round r if candidate c is elected. Note that, for all agents i and rounds r, if c is
nett = 0. We also use the following notation for the total income of an
a default candidate, qi,r,c
agent and the total expenditure of an agent respectively.
Qout
i,r =

r
X
t=1

qi,A\i,t,et

Qin
i,r =

r
X

qA\i,i,t,et

t=1

Each agent has a balance, indicating its financial wealth. Let bi,r ∈ R denote the balance
of agent i in round r. In each round the balances are updated according to the payments that
are made.
(
0
if r = 0
∀i, r : bi,r =
(3)
nett
bi,r−1 − qi,r,er if r > 0
This is under the assumption that a problem owner pays exactly the price asked by the actor
in the elected candidate.
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in
Lemma 3.1. ∀i, r : bi,r = Qout
i,r − Qi,r
in
Proof. For r = 0, the proposition obviously holds. Suppose bi,r = Qout
i,r − Qi,r (IH). Then
nett
bi,r+1 = bi,r − qi,r+1,e
r+1

= bi,r + qi,A,r+1,er+1 − qA,i,r+1,er+1
in
= Qout
i,r − Qi,r + qi,A,r+1,er+1 − qA,i,r+1,er+1

=
=
=

in
Qout
i,r − Qi,r + qi,A\i,r+1,er+1
in
Qout
i,r + qi,A\i,r+1,er+1 − Qi,r
in
Qout
i,r+1 − Qi,r+1

(by (IH))

+ qi,i,r+1,er+1 − qA\i,i,r+1,er+1 − qi,i,r+1,er+1
− qA\i,i,r+1,er+1

When there is a minimum value below which balances are not allowed to go, we say that
balances are bounded. We use β ∈ R− to denote such a minimum value. We will shortly say
more about this.
We assume for now that problem owners will want their problems to be solved against
minimum costs and will therefore elect the cheapest candidate in any round. Formally, we
assume (E1), defined as follows.
(E1)

:

∀r : er = min qr,c
c

In this section we assume that agents ask cost prices. Formally, we assume (Q1), defined as
follows.
(Q1)

:

∀i, j, r, c : qi,j,r,c = −ui,j,r,c

Note that from this definition, it follows that a problem owner asks a price to itself for a default
candidate, equal to the disutility of that candidate. This is merely a technical convenience, as
electing the cheapest candidate will then result in electing the efficient candidate, given that
agents ask cost prices and do not run into the bound. For this reason, ∀r : qr,c = qonett
= −ur,c
r ,r,c
nett
if c is not a default candidate and ∀r : qr,c = −ur,c ∧ qor ,r,c = 0 if c is a default candidate.
Furthermore, we assume that actors always perform the repair actions required from them
by the elected candidate properly, such that the conflict of the problem owner is resolved.
We use in this and following sections a slightly different notation than in section 2. We
used to write Ui,r (e) to denote the cumulative utility of agent i in round r resulting from
allocation e. From now on, we will first assume an election rule, such as (E1), and a pricing
rule, such as (Q1), and any other necessary preconditions, and then write Ui,r to denote the
cumulative utility of agent i in round r as a result of the allocation that occurs under the
given preconditions. The same holds for Qout , Qin , b, and other variables we will introduce.
The following proposition shows that, in the plan repair market, if all agents always ask
cost prices and have no budget constraints, the resulting allocation is efficient in every round.
Proposition 3.2 (Auctions). Under (Q1), (E1), if β = −∞, for any π, the allocation
h e1 , e2 , e3 , ... i is efficient.
Proof. From (Q1) follows that ∀r, c : qr,c = −ur,c . From this and (E1), it follows that
∀r : er = maxc ur,c , thus, er is efficient for every round r. From proposition 2.1, it follows
that the allocation h e1 , e2 , e3 , ... i is efficient.
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The following proposition shows that, if all agents ask cost prices and have no budget
constraints, the balance of an agent is equal to the negation of its nett transferred utility.
nett .
Proposition 3.3. Under (Q1), (E1), if β = −∞, for any π, it holds that ∀i, r : bi,r = −Ui,r
nett (IH). It is easy to
Proof. For r = 0, the proposition obviously holds. Suppose bi,r = −Ui,r
derive
∀I, J, r, c : qI,J,r,c = −uI,J,r,c
(∗)

Then
nett
bi,r+1 = bi,r + qi,r+1,e
r+1

= bi,r + qi,A,r+1,er+1 − qA,i,r+1,er+1
nett
= −Ui,r
− ui,A,r+1,er+1 + uA,i,r+1,er+1

=
=
=
=

out
in
−(Ui,r
− Ui,r
) − (ui,A\i,r+1,er+1 + ui,i,r+1,er+1 )
out
in
−Ui,r − ui,A\i,r+1,er+1 + Ui,r
+ uA\i,i,r+1,er+1
out
in
−Ui,r+1 + Ui,r+1
nett
−Ui,r+1

(by (IH) and (∗))
+ (uA\i,i,r+1,er+1 + ui,i,r+1,er+1 )

To establish the relation between money and equity, we need to incorporate scarcity of
money. The fact that humans do not have an infinite supply of money follows from the fact
that banks impose lower bounds on the balances of its customers. In our model, β ≤ 0
denotes the lower bound below which the balance of an agent is not allowed to go. Thus, it
is forbidden to elect a candidate such that, after the payments have been made, ∃i : bi,r < β.
The fact that balances are bounded can be expressed by defining a new election rule. We
still assume that agents will want to elect the cheapest candidate possible, but only from the
candidates they can afford. Formally, we assume (E2), defined as follows.
(E2)

:

∀r : er = min{ qr,c | bor ,r−1 − qonett
≥β}
r ,r,c
c

The fact that balances are bounded provides an incentive for agents to earn money. If
balances were unbounded, an agent would never have the need to earn money. Now, it must
earn money in order for its balance to stay above the bound. If its balance is close to or equal
to the bound, it can not afford to buy utility any more and will have to do without help,
which is very inefficient.
Besides providing an incentive to collaborate, bounded balances also have an important
effect on the equity of exchange. The following proposition shows that, if agents’ balances
are bounded and all agents ask cost prices, inequity of the resulting exchange is bounded by
a constant value.
Proposition 3.4 (Bounded inequity). Let π denote h A, u, o i and let k = |A|. Then, under
(Q1), (E2), for all π, β, it holds that ∀r : Ur− ≥ (k − 1) · β.
nett , U nett , . . . , U nett } ≥ (k − 1) · β
Proof. The proposition can be rewritten to ∀r : min{U1,r
2,r
k,r
with use of the definition of U − (definition 3). Using proposition 3.3, the proposition can
be rewritten to ∀r : max{ b1,r , b2,r , . . . , bk,r } ≤ (k − 1) · −β. This is true since the maximal
balance that an agent i can have is achieved when all agents have spent all their credits on i,
amounting to (k − 1) · −β.
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Although bounded balances ensure a bound on inequity, the resulting allocations need not
be efficient anymore.
Proposition 3.5 (Inefficiency). Under (Q1), (E2), if β 6= −∞ then the exchange may be
inefficient.
Proof. Suppose that in some round r, agent 1 is problem owner and has balance b1,r = β.
There are two repair candidates, c1 = h −100, 0 i and c2 = h 0, −10 i. Agent 1 now can not
afford c2 and has to resort to the inefficient c1 .
Thus, it might happen that in a certain round the problem owner has not enough money
to buy the cheapest candidate. This can be justified from the viewpoint of equity, since
this problem owner has already received a lot of utility from others and should at this point
provide utility before receiving more. It must elect default candidates then, i.e., help itself,
until it has sufficient funds again. Also, it could offer tasks below cost price to earn extra
cash.
The market mechanism with bounded balances will achieve a certain trade-off between
efficiency and equity, depending on the set of occurring problems and repair candidates and
the height of the bound. For instance, if β = 0, only default candidates can be elected. This
would be highly inefficient but perfectly equitable. If however β = −∞, efficient candidates
will be elected in every round but inequity is unbounded. By setting the bound somewhere in
between, a mechanism designer, or the participants themselves, can determine the trade-off
that is appropriate for their particular exchange scenario.
Note that inefficiency is often the result of introducing fairness constraints. In many
scenario’s, allocating resources both efficient and fair is not possible [5, 27, 20] and a trade-off
between the two has to be found (cf. [12]).

4

Selfish agents

Until now we have assumed that agents submit cost prices for their tasks. In this section we
investigate what happens if agents ask prices possibly above their cost price. A very normal
phenomenon in markets is that sellers will try to set their ask prices just below that of the
competition. This leads to a high demand for the product on sale and, if the selling price is
above the cost price, results in a profit on every item sold.
From the viewpoint of social exchange, this behaviour is a little less ordinary. We argued
in the previous section that money is a distributed system for reciprocal exchange. If agents
over-price their goods or services, the direct correspondence between prices and utility is lost.
An agent that over-prices its good or service may obtain a sum of money that it can spend to
obtain an amount of utility possibly larger than what it provided. In this way, the resulting
exchange may not have the desired equity properties described in the previous section.
Especially when an agent is dependent on another agent, the difference between price
and utility may be large. Note that in many real-life market situations, dependency between
buyer and seller is weak, as there are a lot of other sellers (and buyers) for a given product.
The competition between these sellers drives prices down and sellers will try to minimize
their production costs to maximize their profit margin. As a result, prices will often lie close
together and not far above production costs.
In the plan repair scenario however, competition is sometimes not so strong, leading to
situations with a strong dependence of the buyer on the seller. Consider the following scenario,
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Figure 1: Planning conflict and repair candidates.
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depicted in figure 1. An arriving aircraft x is delayed and will enter its gate ten minutes later.
As a result it wants to leave it ten minutes later than planned (figure 1b). For this it needs
the cooperation of aircraft y, scheduled next, which should wait ten minutes (figure 1e).
This would require very little effort of y and there is no one scheduled after y. Other repair
candidates for x involve gate changes (figures 1c and 1f) or going off-gate prematurely (figure
1d), and all have a much lower utility for x or other aircraft. Thus, the repair candidate
involving y is the obvious choice. Aircraft y now realizes its strategic advantage and can ask
a price far above its disutility, just below the second lowest price. Its candidate is still the
cheapest and will thus be chosen, providing aircraft y with an attractive profit and aircraft x
with a very expensive deal.
We will call the phenomenon of asking a price just below that of the second cheapest
seller exploitation. From a social viewpoint, the cheapest seller exploits the dependency that
exist between him and the buyer. If this dependency is strong, i.e., if the difference in price
between the two cheapest candidates is large, the resulting profit as well as the disadvantage
incurred by the buyer can be large.
Exploitation can have a significant effect on the equity of exchange. If an agent is structurally able to exploit, the profits thus derived can be used to obtain utility from others. In
this way an exploiter may be able to structurally obtain more utility than it provides to the
community, resulting in an unfair advantage, and to inequitable exchange.
We will now formally define exploitation in the plan repair market and show its dominance
over not exploiting and the possible effect it can have on equity of exchange. We assume that
some agents, exploiters, will exploit if the possibility exists, and other agents, the coalition
agents, will, in principle, ask cost prices. Let σ c be the coalition agent type and σ e the
exploiter agent type. An agent type vector σ = h σ1 , σ2 , ..., σk i specifies for each agent i its
be the vector of candidates in round r ordered
type σi ∈ { σ c , σ e }. Let c̃r = c̃1r , c̃2r , . . . , c̃m
r
descendingly by utility, i.e., the vector h 1, 2, . . . , m i in which the elements are ordered such
that ur,c̃1r ≥ ur,c̃2r ≥ . . . ≥ ur,c̃m
. We assume that an exploiter will, if it is actor in the cheapest
r
candidate, ask a price just below that of the second cheapest seller. Formally, we assume
(Q2)

:

e
∀i, j, r, c : qi,j,r,c = −ui,j,r,c + qi,j,r,c

where
e
qi,j,r,c

=



−(ur,c̃2r − ur,c̃1r ) − 


0

if σi = σ e ∧ i = ar,c ∧ j = or ∧ i 6= j ∧ c = c̃1r
∧ ur,c̃2r < ur,c̃1r
otherwise

Thus, an exploiter will raise its price until just below that of the second most efficient candidate, if it is actor in the efficient candidate, it is not problem owner and the second most
efficient candidate is strictly less efficient.
The following proposition shows that the presence of exploiters may lead to an ever increasing inequity of exchange.
Proposition 4.1 (Inequity under exploitation). Let π denote h A, u, o i and let k = |A|. Let
σ be a type vector such σi = σ e for some agent i. Then, under (Q2), (E2), there exist π and
β such that ∀r : Ur− ≤ (r−2) · β.
Proof. We show that inequity of exchange after r rounds can be as high as (r−1)·β. We do this
by constructing an example in which an exploiter alternates between exploiting maximally
and spending maximally. The example is depicted in figure 2.
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Let A = { x, y } and σy = σ e . Suppose that o1 = x, a1,er = y and u1,er = −. Thus, agent
x

y
bx,0 = 0
nett
Ux,0
=0

r=1
o1 = x
e1 = h 0, − i

0110
1010

u = −
q = −β
payment: −β

bx,1 = β
nett
Ux,1
=
u = 2β

r=2
o2 = y
e2 = h 2β, 0 i

q = −2β
payment: −2β
bx,1 = −β
nett
= 2β + 
Ux,1

r=3
o3 = x
e3 = h 0, − i

01
1010
10

by,0 = 0
nett
Uy,0
=0

by,1 = −β
nett
Uy,1
= −

0110
10
10
by,2 = β
nett
= −2β − 
Uy,1

u = −
q = −2β
payment: −2β

bx,3 = β
nett
= 2β + 2
Ux,3

by,3 = −β
nett
Uy,3
= −2β − 2

etc.

Figure 2: Inequity as a result of exploitation. Shaded bar denotes problem owner.
y is almost indifferent between performing the action or not. Agent y, being an exploiter,
asked price −ur,c̃2r − . Suppose this price is equal to −β. Then, after enforcing the candidate
nett =  and U nett = −.
and making the payment, bx = β, by = −β, Ux,1
y,1
Suppose that o2 = y, a2,er = x, u2,er = 2 · β and q2,er = −2 · β. After enforcing this
nett = 2 · β + ,
candidate en making the corresponding payments, bx = −β, by = β, Ux,2
nett = −2 · β − .
Uy,2
Suppose that o3 = x, q3,er = y and u3,er = −. Suppose q3,er = −2 · β. Agent x can pay
the price since bx = −β. After enforcing the candidate and making the payment, bx = β,
nett = 2 · β + 2, U nett = −2 · β − 2.
by = −β, Ux,3
y,3
Suppose that rounds two and three are repeated infinitely. In every even round after round
3, agent x performs a task of utility 2 · β, for which it receives −2 · β, the nett transferred
utility of x changes with 2 · β and that of y changes with −2 · β. In every uneven round
after round 3, agent y performs a task of utility −, for which it receives −2 · β, the nett
transferred utility
with  and that of agent y with −. This gives, for
  of agentx changes

nett = r · 2 · β + r−1 · 2, which is less than (r−2) · β.
r > 3, Ux,r
2
2
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To be able to compare strategies, we need a measure that indicates an agent’s well-being
at a certain moment. This measure should depend on two factors: the cumulative utility
of an agent and its balance. The cumulative utility Ui,r is important since it indicates the
total amount of effort that agent i had to expend until round r. The height of an agent’s
balance bi,r is important for the following reason. In the scenario with bounded balances,
every agent will have some ideal value they want their balance to be equal to, that is, if
it is lower than that value they consider the risk of running into the bound too high and
will want to clear their debts, and if it is higher than that value they feel less urge to help
others, as they already have enough money and are ‘safe’. This value could be different for
different agents at different moments in time, but for simplicity we assume this value zero for
all agents at each moment. Thus, an agent with a negative balance wants to clear this debt
and expects a utility decrease as a result. An agent with a positive balance may spend this
without consequences and expects a positive result on its utility (actually lack of a negative
effect on its utility compared to when its balance would be lower).
p
We define the perceived utility Ui,r
of agent i in round r to be
p
Ui,r
= Ui,r + bi,r

(4)

Note that defining agents’ utilities in this way is known as assuming that agents have quasilinear utilities2 . Also, we introduce the notion of a scenario, which is a tuple h π, σ, β i
consisting of a problem set π, a type vector σ and a bound β. Cumulative utilities, balances,
perceived utilities, etc. are defined with respect to a scenario, a pricing rule and an election
rule. We use Ui,r (ζ) to denote the cumulative utility of agent i in round r in scenario ζ under
p
some given pricing rule and election rule. Ui,r
(ζ), bi,r (ζ) and other variables go in similar
fashion.
The following proposition shows that exploitation is a dominant strategy over not exploiting. We prove it for the case where no agent runs into its bound, i.e., the bound never
influences the winning candidate.
Theorem 4.2 (Dominance of exploitation strategy). Let σ be a type vector such that σi = σ c
for some agent i, and let σ 0 be a type vector such that σ 0 = h σ10 , σ20 , . . . , σk0 i, σi0 = σ e and
∀j : j 6= i → σj = σj0 . Let t be a round such that i has had the opportunity to exploit in
p
some round s < t. Then, under (Q2), (E2), for any π, we have that Ui,t
(h π, σ, −∞ i) <
p
0
Ui,t (h π, σ , −∞ i).
2

One could argue that, as an agent is in the end interested in its cumulative utility only, the perceived
p
utility should be defined as Ui,r
= Ui,r + Xi,r , where Xi,r is the effect of having bi,r on i’s future cumulative
utility. This however leads to a paradoxical situation. Consider the following situation. Suppose that all
agents are coalition agents and one agent x has bx = 0. In the rounds to come, he will want to receive services
with a total disutility of 100. As he wants his balance to be equal to 0, he will want to earn 100 credits, so he
will have to perform services with disutility 100. Now suppose that he had bx = b. In that case he would have
needed 100 − b credits, so he would have had to perform services with disutility 100 − b. So, having a balance
of b instead of 0 reduces the disutility of services to perform with b. Thus, Xx,r = bx,r .
Now suppose that x is an exploiter. It has bx = 0 and needs 100 credits in the coming rounds. To earn this, he
will have to perform services of total disutility less than 100, since it makes profits from exploitation. Say that
he makes an average profit of 10%. He will have to perform services with total disutility of 100/1.1 = −90.9.
Now suppose that he had bx = b. In that case he would have needed 100 − b credits, so he would have had to
perform services with disutility (100 − b)/1.1 = 90.9 − b/1.1. So, having a balance of b instead of 0 reduces the
disutility of services to perform with b/1.1. Thus, Xx,r ≤ bx,r .
Thus, between two agents with equal, positive balances and equal cumulative utilities, if one is exploiter and
the other coalition agent, the exploiter will have a lower perceived utility, which is counter-intuitive.
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Proof. Let ζ = h π, σ, −∞ i and ζ 0 = h π, σ 0 , −∞ i. To shorten notation a bit, we write Ui,r ,
in
0
in 0
0
Qin
i,r , er , etc. to denote Ui,r (ζ), Qi,r (ζ), er (ζ), etc., and write Ui,r , Qi,r , er , etc. to denote
0
0
Ui,r (ζ 0 ), Qin
i,r (ζ ), er (ζ ), etc..
The fact that i exploits in ζ 0 does not influence the elected candidate in any round, i.e.,
0 . Also, each agent other than i follows the same
∀r : er = e0r . As a result, ∀r : Ui,r = Ui,r
strategy in ζ and ζ 0 . Therefore, each agent other than i will ask the same prices in ζ and ζ 0 .
in 0
As a result, ∀r : Qin
i,r = Qi,r .
0
0
From (Q2) follows that ∀r : qi,A,r,er ≤ qi,A,r,e
. In round s, we have qi,A,s,es < qi,A,s,e
.
r
s
out
out
0
From these two facts we may conclude ∀r ≥ s : Qi,r < Qi,r . For r ≥ s, in particular round
t, we can now rewrite
p
Ui,r
= Ui,r + bi,r
in
= Ui,r + Qout
i,r − Qi,r

(by lemma 3.1)

0
0
in 0
< Ui,r
+ Qout
i,r − Qi,r
p0
= Ui,r

For unbounded balances, dominance of exploitation is easily proven. With bounded balances, exploitation is not necessarily dominant as an example problem set can be constructed
in which a coalition agent is better off than an exploiter. However, such problem sets are
highly construed. We hypothesise that in most instances, exploiters will perform better than
coalition agents under bounded balances. We prove this hypothesis by experiment in section
7.
As exploitation is a better performing strategy, agents can be expected to adopt this
strategy. If some agents exploit, inequity is no longer bounded. In section 7 we will, by
means of experiment, assess the level of inequity that will occur in a realistic ATM scenario.

4.1

Large versus small airlines

Exploitation does not necessarily lead to inequity. If, in a hypothetical situation, all agents
would gain as much from exploiting as they would loose from being exploited, equity is
maintained. In the airport plan repair scenario however, full scale exploitation is likely to
lead to significant inequity. This follows from the fact that airlines operating on an airport
usually greatly differ in size. Most major airports have a hub-owner who operates the majority
of flights. Besides the hub-owner there are a number of other airlines, from medium-sized
players to very small ones.
A large airline operates many flights, and will therefore more often run into planning
conflicts. It will thus need the collaboration of other airlines often. At the same time, its
collaboration will be asked for by other often too. Thus, its nett transferred utility and
its balance will remain stable over time if agents are honest. Being large does not give an
immediate advantage in the cooperative scenario.
When agents may exploit however, being a large airline has an important consequence: a
large airline will typically have better default candidates. As a large airline has many flights
in many slots on many gates and runways, it will have more options to solve the conflict
by itself. It may for instance delay one of its flights, swap two slots or rebook passengers
to another of its flights. Therefore, its best default candidate will on average have a higher
utility than that of a small airline. This has an effect on the amount to which it can be
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exploited. Having an attractive default candidate means that exploiters in other candidates
can raise their price less (or not at all) than they would have if the default candidate was
worse. Thus, a large airline is less ‘exploitable’ than a small airline.
Also, a large airline is a better exploiter than a small airline. This is the result of a
phenomenon we have not described yet. If an exploiter is actor in the cheapest candidate,
but it is actor in the second-to-cheapest candidate too, it can raise its price in both candidates.
In fact, it can raise its price in all the candidates in which it is actor until just below the
price of the cheapest candidate in which it is not actor. In that way the exploiter boosts its
income. A large airline will be actor in candidates more often than a small airline. Therefore,
the possibility that it is actor in two or more cheapest candidates will be larger. As a result,
it will relatively gain more profits from exploitation than a small airline.
Raising ones price in more than one candidate is a strategy which we have not involved in
the theory in order to keeps its complexity to a minimum. We have implemented it however
in the experiments in section 7.
Thus, the negative consequences of exploitation are likely to occur in the airport plan
repair scenario. Large airlines are expected to gain a significant advantage over small airlines.
For that reason, applying the market mechanism with standard currency to the airport plan
repair problem will lead to undesired inequity.

4.2

Swindling

Besides raising the ask price, an agent can also lessen its disutility when providing a service
to make a profit. We can call this swindle, as the seller does not provide the promised or
required good or service (cf. [17]). Swindle is equivalent to exploitation in the sense that
the amount of money paid for the good or service is too high compared to the quality of
the provided good or service. The difference is that exploitation reveals itself early, a buyer
willingly pays the ask price, while swindle reveals itself late, a buyer inspecting its good or
receiving the service notices that it is below expectation. Also, exploitation is legally allowed
in most market scenario’s, while swindle is often not.
In the airport plan repair scenario swindle would happen if an airline does not fully
perform the actions specified in the repair candidate. The results of this can be substantial
as plannings are often tight. For instance, a flight might miss its departure slot as a result
of a few minutes delay, or transfer passengers might not be able to board their second flight,
leading to forced rebookings.
To prevent oneself against swindle, participants normally enter into a contract specifying
the good or service that is to be provided and measures that will be taken if the good or
services does not meet the given conditions.
If one is the victim of swindle nevertheless, for instance because of an unforseen shortcoming or because a contract was not made, the result will usually be a decreased credibility
of the seller in the eyes of the buyer. In the plan repair scenario, this may lead to the buyer
not wanting to do business with the seller anymore, out of fear of being deceived again.
Exploitation and swindling are both forms of what we call under-delivering; providing less
than promised. In fact, the measures we take against exploitation in future sections may be
used as measures against under-delivering in general. But, as exploitation is much less easily
counteracted than swindling, and because our focus on exploitation is relatively original, we
will continue to use that term.

5

ENFORCING EQUITY

5

16

Enforcing equity

In this section we investigate whether agents can counteract exploitation by means of adapting
ask prices. More precisely, we investigate whether agents can use a pricing scheme such that
exploiters are penalized and exploiting becomes unattractive. Thus, we aim for an incentivecompatible plan repair mechanism, in which the collaborative strategy is dominant. If this
can be achieved, agents will want to adopt the collaborative strategy of asking cost prices,
which, as we saw in previous sections, leads to an exchange with desirable levels of efficiency
and equity.
We make the – rather optimistic – assumption that a problem owner that is being exploited
is exactly able to observe the level of exploitation. Thus, it knows both the utility of the task
performed and the price asked. Suppose that all agents communicate this information to
each other and thus know at any moment the amount of money that a certain exploiter y has
earned by exploiting. Suppose that all agents add this value as a penalty to the prices they
ask to exploiter y. In that way an exploiter would be deprived of its exploitation profits.
Note that this penalty system is the collaborative equivalent of the well-known tit-for-tat
strategy. An agent that has over-prices its service will find that all other agents over-price
their services in return.
p
Let qi,j,r,c
denote the penalty that agent i charges to agent j in round r for candidate c.
Also, let
XX p
XX
p
e
e
=
qi,j,r,c
qI,J,r,c
=
qi,j,r,c
qI,J,r,c
i∈I j∈J

i∈I j∈J

and
QeI,J,r =

r
X

QpI,J,r =

e
qI,J,t,e
t

r
X

p
qI,J,t,e
t

t=0

t=0

We assume from now on that agents penalize exploiters. Formally, we assume (Q3), defined
as follows.
(Q3)

:

p
e
∀i, j, r, c : qi,j,r,c = −ui,j,r,c + qi,j,r,c
+ qi,j,r,c

where
p
qi,j,r,c

=

(
Qej,A,r−1 − QpA,j,r−1 + 
0

if i = ar,c ∧ j = or ∧ i 6= j ∧ Qej,A,r−1 − QpA,j,r−1 > 0
otherwise

e
and qi,j,r,c
is as defined before. Thus, agents add to the prices they ask to an exploiter
(other than themselves) an amount equal to the income made by this exploiter by exploiting
minus the penalties that he already had to pay for it, plus a small amount . The extra
small amount  is to make sure that exploiters, after exploiting and being retaliated, are
p
e
worse off than if they had not exploited. Note that ∀i, j, c : qi,j,0,c
= qi,j,0,c
= 0 and thus
p
e
∀j : Qj,A,0 = QA,j,0 = 0. Also note that exploiters charge penalties too. We assume that
exploiters, although guilty of exploitation themselves, will be willing to impose penalties
on other exploiters as they themselves are victim of other exploiters too and it is in fact
advantageous to charge penalties.

5

ENFORCING EQUITY

17

Until now, we assumed that electing the cheapest candidate was the rational thing to do
for a problem owner. With penalty pricing in effect, this is no longer the case. When an
exploiter is problem owner, the other agents might raise their price and this might have the
result that a default candidate becomes the cheapest candidate. In that case, the exploiter
should not elect this default candidate. If it would, other agents would simply add the penalty
again the next time the exploiter is problem owner. The other agents will continue to charge
the penalty until the exploiter has paid it. As a result, it does not matter whether he pays
it directly or later. Thus, the exploiter should not let his choice of candidate depend on the
penalty.
We assume (E3) from now on, defined as follows.
(E3)

:

p
∀r : er = min{ qr,c − qr,c
| bor ,r−1 − qonett
≥β}
r ,r,c
c

Thus, a problem owner selects the cheapest candidate as if penalties were not charged 3 .
Imposing penalties takes away the advantage of an exploiter. This can be seen most clearly
in a scenario with one exploiter; its nett transferred utility can not grow infinitely anymore.
To prove this, we first need to prove the following equality.
p
p
e
nett + Qe
Proposition 5.1. ∀i, r : bi,r = −Ui,r
i,A,r − QA,i,r + Qi,A,r − QA,i,r
nett + Qe
Proof. For round 0, the proposition obviously holds. Suppose bi,r−1 = −Ui,r−1
i,A,r−1 −
p
p
e
QA,i,r−1 + Qi,A,r−1 − QA,i,r−1 (IH). We may derive

bi,r = bi,r−1 + qi,A,r,er − qA,i,r,er
=
+ Qei,A,r−1 − QeA,i,r−1 + Qpi,A,r−1 − QpA,i,r−1 +
p
p
e
e
+ qA,i,r,e
)
+ qi,A,r,e
− (−uA,i,r,er + qA,i,r,e
− ui,A,r,er + qi,A,r,e
r
r
r
r
nett
e
e
= (−Ui,r−1 − ui,A,r,er − −uA,i,r,er ) + (Qi,A,r−1 + qi,A,r,er )−
p
p
e
(QeA,i,r−1 + qA,i,r,e
) − (QpA,i,r−1 + qA,i,r,e
)
) + (Qpi,A,r−1 + qi,A,r,e
r
r
r
p
p
nett
e
e
= −Ui,r + Qi,A,r − QA,i,r + Qi,A,r − QA,i,r

(by (3))

nett
−Ui,r−1

(by (IH) and (Q3))

The following proposition shows that under penalty pricing, if there is only one exploiter,
its nett transferred utility is bounded by a constant value.
Proposition 5.2 (Bounded inequity). Let σ be a type vector such that σi = σ e for some
agent i and that ∀j : j 6= i → σj = σ c . Then, under (Q3), (E3), for all π, β, it holds that
nett ≤ −β.
Ui,r
Proof. As i is the only exploiter, we have ∀r : QeA,i,r = Qpi,A,r = 0. Filling this in in proposition
p
nett + Qe
nett
5.1 gives ∀r : bi,r = −Ui,r
i,A,r − QA,i,r (∗). Then, observe that Ui,r can only increase
e
in rounds where i is problem owner. Let t be a round in which ot = i. Then, qi,A,t,e
= 0. We
t
have
p
e
) − (QpA,i,t−1 + qA,i,t,e
)
Qei,A,t − QpA,i,t = (Qei,A,t−1 + qi,A,t,e
t
t
p
= Qei,A,t−1 − (QpA,i,t−1 + qA,i,t,e
)
t
3

Alternatively, we could have used (E2) with (Q3) defined such that the problem owner also added Qej,A,r−1 −
+  to the costs of its default candidates.

QpA,j,r−1

5

ENFORCING EQUITY

18

p
Suppose that Qei,A,t−1 − QpA,i,t−1 ≤ 0. According to (Q3), qA,i,t,e
= 0 and it follows that
t
p
e
Qi,A,t − QA,i,t ≤ 0.
p
= Qej,A,t−1 −QpA,j,t−1 +
Now suppose that Qei,A,t−1 −QpA,i,t−1 > 0. According to (Q3), qA,i,t,e
t
. It follows that Qei,A,t − QpA,i,t = −.
nett . As b
Thus, Qei,A,t − QpA,i,t ≤ 0. Filling this in in (∗) gives bi,t ≤ −Ui,r
i,t ≥ β, we derive
nett
Ui,t ≤ −β

The following theorem shows that under penalty pricing, an exploiter is equal or worse off
than a coalition agent in each round in which it is problem owner, if balances are unbounded.
Theorem 5.3 (Dominance of coalition strategy). Let σ be a type vector such that σi = σ c for
some agent i, and let σ 0 be a type vector such that σi0 = σ e and ∀j : j 6= i → σj = σj0 . Then,
p
under (Q3), (E3), for all π, in each round r in which or = i, it holds that Ui,r
(h π, σ, −∞ i) ≥
p
0
Ui,r (h π, σ , −∞ i).
Proof. Let ζ = h π, σ, −∞ i and ζ 0 = h π, σ 0 , −∞ i. We write Ui,r , Qin
i,r , er , etc. to denote
0 , Qin 0 , e0 , etc. to denote U (ζ 0 ), Qin (ζ 0 ), e (ζ 0 ),
Ui,r (ζ), Qin
(ζ),
e
(ζ),
etc.,
and
write
U
i,r
r
r
r
i,r
i,r
i,r
i,r
etc..
From (E3), it follows that the elected candidate in a round does not depend on the
e . As we know that exploitation never influences the
penalty, i.e., it depends on −ur,c + qr,c
elected candidate, we may conclude that the elected candidate in a round only depends on
−ur,c , i.e., on u. As ζ and ζ 0 contain the same problem set π and thus the same utility profile
nett = U nett 0 .
u, we may conclude that ∀r : er = e0r . From this we may conclude ∀r : Ui,r
i,r
From the definition of (Q3), it follows that the amount to which on is exploited by others
does not depend on one’s type. The same holds for the amount of penalties one asks to others.
0
0
. Since i does not exploit in ζ, we have
Thus, we have QeA,i,r = QeA,i,r
and Qpi,A,r = Qpi,A,r
p
e
Qi,A,r = 0 and QA,i,r = 0. Using proposition 5.1, we obtain
nett
bi,r = −Ui,r
+ Qei,A,r − QeA,i,r + Qpx,A,r − QpA,x,r
nett
= −Ui,r
− QeA,i,r + Qpi,A,r
0
nett 0
0
= −Ui,r
− QeA,i,r
+ Qpi,A,r
0
0
0
nett 0
0
0
0
= (−Ui,r
+ Qei,A,r
− QeA,i,r
+ Qpi,A,r
− QpA,i,r
) − Qei,A,r
+ QpA,i,r
0
0
= b0i,r − Qei,A,r
+ QpA,i,r
0 . In the proof of proposition 3.4, we
From ∀r : er = e0r we may also conclude ∀r : Ui,r = Ui,r
p
0
0
showed that Qei,A,r
− QA,i,r ≤ 0 for rounds in which o0r = i. Thus we may derive
p
Ui,r
= Ui,r + bi,r
0
0
0
= Ui,r
+ b0i,r − Qei,A,r
+ QpA,i,r
p0
≥ Ui,r

In section 7, we prove by experiment the expected dominance of the coalition strategy
under penalty pricing under bounded balances. The penalty pricing rule manages to make
exploitation unattractive. As a result, agents will want to be coalition agents. If all agents
are coalition agent, the desired trade-off between efficiency and equity results.
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Figure 3: A scenario in which agents can forsake.
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Forsaking

Although penalization as described in the previous section effectively takes away the advantage
of exploitation, it is not necessarily the best strategy for agents to follow. In a situation where
competition between coalition agents occurs, it can be very profitable for agents to deviate
from the coalition pricing rule. Consider the situation depicted in figure 3. Agent y has run
into a conflict with another agent, as can be seen in figure 3a. Somehow this other agent
is not able to shift its reservation to make room for y. Three other candidates are possible,
shown in figures 3b, 3c and 3d. Each of these candidates involves a direct gate swap with y.
The three candidates have approximately equal utilities to the actors. Suppose that agent y
has exploited in the past and needs to be penalized, and that the penalty is relatively large.
Agents w, x and z now add the penalty to their ask prices. Note that the penalty is equal
for all three candidates, so the resulting ask prices lie close together. Suppose that candidate
2 with actor w is the cheapest. In this case, it is attractive for either agent x or z to drop its
price slightly so that it will be just below that of candidate 2. This will make its candidate
the cheapest and thus win the auction instead of candidate 2. Winning the auction is very
attractive, since the ask price is still well above the cost price, and the actor in the winning
candidate thus makes an attractive profit.
We call this behaviour forsaking, purposely deviating from the penalty pricing rule in
order to win the auction and make a profit. If agents forsake, two things can happen. First,
the exploiters are possibly not fully penalized anymore. Secondly, if multiple agents forsake,
they will compete against each other. Each forsaker will try to outbid the others by lowering
its price. In this way the ask price can go down significantly and the effect of the penalty
pricing rule can to a great extent be nullified. How strong the effect of forsaking is depends on
the number of forsakers and how often the opportunity occurs. The more forsakers there are,
the more will they compete and the less exploiters are penalized. Thus, the more forsakers
there are, the more the performance of exploiters will improve. Also, the more forsakers there
are, the closer ask prices will be to the disutilities and the smaller the advantage of forsaking
will be.
Let σ f be the forsaker agent type. An agent type vector σ = h σ1 , σ2 , ..., σk i now specifies
agent type σi ∈ { σ c , σ e , σ f } for every agent i. Let ĉr = hĉ1r , ĉ2r , . . . , ĉm
r i be the vector of
candidates in ascending order of minimal price, i.e., the vector h 1, 2, . . . , m i in which the
low ≤ q low ≤ . . . ≤ q low , where
elements are ordered such that qr,ĉ
1
r,ĉm
r,ĉ2
r
r

low
qr,c

r

(
−ur,c
=
p
−ur,c + qr,c

if σar,c = σ f
otherwise

low denotes the lowest price to which agent a
qr,c
r,c is willing to go. We assume that a forsaker
is willing to go as low as his cost price. A forsaker now lowers the penalty if that will make
him win the auction. We assume (Q4) from now on, defined as follows.

(Q4)

:

p
f
∀i, j, r, c : qi,j,r,c = −ui,j,r,c + qi,j,r,c
− qi,j,r,c
+ q e0i,j,r,c
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p
where qi,j,r,c
is as defined before, and

p
low


(−ui,j,r,c + qi,j,r,c ) − qr,ĉ2r + 
f
qi,j,r,c
=


0

low
low


qr,ĉ2r − qr,ĉ1r − 
q e0i,j,r,c =


0
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if σi = σ f ∧ i = ar,c ∧ j = or ∧ i 6= j ∧
p
low < q low < (−u
c = ĉ1r ∧ qr,c
i,j,r,c + qi,j,r,c )
r,ĉ2
r

otherwise
if σi = σ e ∧ i = ar,c ∧ j = or ∧ i 6= j ∧
low < q low
c = ĉ1r ∧ qr,ĉ
1
r,ĉ2
r

r

otherwise

Note that exploiters adapt their strategy to the forsakers. When raising their price, they take
into account the lowest possible price that the forsakers will ask, and will stay below that
price.
Forsakers undermine the penalty pricing rule. The following proposition shows that the
presence of forsakers can fully neutralize the effect of retaliation, giving an exploiter back its
advantage of exploiting.
Proposition 5.4 (Inequity under forsaking). Let π denote h A, u, o i and let k = |A|. Let σ
be a type vector such σi = σ e for some agent i. Then, under (Q4), (E3), there exist π and β
such that ∀r : Ur− < (r − 2) · β.
Proof. The proof is identical to that of proposition 4.1, given the following changes. A =
{ x, y, z } and σx = σ f . Agent y is still an exploiter and exploits in every uneven round after
round 1 for the amount of −2 · β − . In rounds in which y is problem owner, x forsakes by
asking its cost price, −2 · β, just as it did in the proof of proposition 4.1. However, this time
it asks its cost price as a result of competition with agent z, which has a minimal price of
−2 · β +  in every round in which y is problem owner. Note that z may be either coalition
or forsaker.
The result is thus the same. In every even round after round 3, the nett transferred utility
of x changes with 2 · β. In every uneven round after round
nett
 3, the
 r−1
 transferred utility of
r
nett
agent x changes with . This gives, for r > 3, Ux,r = 2 · 2 · β + 2 · 2, which is less than
(r − 2) · β.
It might seem a bit unexpected that the forsaker in the proof above ends up with such
a low nett transferred utility. Note however, that the forsaker would not have been better
off if he had not forsaken. Also, a more realistic example would have involved three agents;
a coalition agent that is repeatedly exploited, an exploiter and a forsaker, that repeatedly
prevents the exploiter from being penalized. However, as the example scenario with two
agents is already rather complex, we chose not to make it any bigger.
Theorem 5.5 (Dominance of forsaking strategy over coalition strategy). Let σ be a type
vector such that σi = σ c for some agent i, and let σ 0 be a type vector such that σi0 = σ f and
p
∀j : j 6= i → σj = σj0 . Then, under (Q4), (E3), for all π, r, it holds that Ui,r
(h π, σ, −∞ i) ≤
p
0
Ui,r (h π, σ , −∞ i).
Proof. Let ζ = h π, σ, −∞ i and ζ 0 = h π, σ 0 , −∞ i. We write Ui,r , Qin
i,r , er , etc. to denote
0
in
0
0
0
0
in
Ui,r (ζ), Qi,r (ζ), er (ζ), etc., and write Ui,r , Qi,r , er , etc. to denote Ui,r (ζ 0 ), Qin
i,r (ζ ), er (ζ ),
etc..
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p
p0
For r = 0 the property obviously holds. Suppose Ui,r−1
≤ Ui,r−1
(IH). We prove that in
round r, the perceived utility of the forsaker will grow equal or more than that of the coalition
agent. We distinguish three cases.
(case 1) or = i. Since i is not an exploiter and other agents have the same strategy in ζ as
0
0
in ζ 0 , other agents ask the same price to i, i.e., ∀c : qA,i,r,c = qA,i,r,c
. Also, ∀c : qi,i,r,c = qi,i,r,c
.
0
Thus, we have ∀c : qA,i,r,c = qA,i,r,c . This results in the same candidate being elected in ζ and
ζ 0 , i.e., er = e0r . From this follows ui,A,r,er = u0i,A,r,e0r . Furthermore, since i is problem owner,
0
we have qi,A,r,er = qi,A,r,e
0 = 0. We may now derive
r
p
Ui,r
= Ui,r + bi,r

= Ui,r−1 + ui,A,r,er + bi,r−1 + qi,A,r,er − qA,i,r,er
= Ui,r−1 + ui,A,r,er + bi,r−1 − qA,i,r,er
0
≤ Ui,r−1
+ ui,A,r,er + b0i,r−1 − qA,x,r,er

=
=
=
=

0
+ u0i,A,r,e0r
Ui,r−1
0
Ui,r−1
+ u0i,A,r,e0r
0
Ui,r
+ b0i,r
p0
Ui,r

+
+

b0i,r−1
b0i,r−1

−
+

0
qA,i,r,e
0
r
0
qi,A,r,e0r

(by (IH))
0
− qA,i,r,e
0
r

(case 2) or 6= i and i does not forsake in round r in ζ 0 . This implies that either i did
not need to lower its price to win the auction in ζ 0 or that i could not lower its price to win
0
0
0
the auction, i.e., a0r,ĉ1 6= i. In the first case qi,A,r,er = qi,A,r,e
0 , er = er and ar,er = ar,e0 = i.
r
r
r
0
It follows that ui,A,r,er = ui,A,r,e0r . In the second case some other agent won the auction in
0
0
both ζ and ζ 0 , giving er = e0r , qi,A,r,er = qi,A,r,e
0 = 0, ui,A,r,er = ui,A,r,e0 = 0. In both cases,
r
r
0
qA,i,r,er = qA,i,r,e
0 = 0 since or 6= i. We may now follow the same derivation as in case 1.
r
(case 3) or 6= i and i forsakes in round r in ζ 0 . Then, ar,er 6= i but a0r,e0r = i. Also,
0
qA,i,r,er = qA,i,r,e
0 = 0 since or 6= i. As ar,er 6= i, we have qi,A,r,er = 0 and ui,A,r,er = 0. As i
r
0
0
0
0
0
forsakes in ζ , it holds that qi,A,r,e
0 ≥ −ui,A,r,e0 , or qi,A,r,e0 + ui,A,r,e0 ≥ 0 (∗). We may derive
r
r
r
r
p
Ui,r
= Ui,r + bi,r

= Ui,r−1 + ui,A,r,er + bi,r−1 + qi,A,r,er − qA,i,r,er
= Ui,r−1 + bi,r−1
p
= Ui,r−1
p0
≤ Ui,r−1

=
≤
=
=
=

0
Ui,r−1
+ b0i,r−1
0
Ui,r−1
+ u0i,A,r,e0r
0
Ui,r−1
+ u0i,A,r,e0r
0
Ui,r
+ b0i,r
p0
Ui,r

(by IH)
0
+ b0i,r−1 + qi,A,r,e
0
r

+

b0i,r−1

−

0
qA,i,r,e
0
r

(by (∗))
+

0
qi,A,r,e
0
r

In section 7, we prove by experiment the expected dominance of forsaking over the coalition
strategy. Also, we assess the influence that forsaking has on the effectiveness of the penalty
rule. In particular, we test whether, as a result of a decreased effectiveness of penalization,
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exploitation might become attractive again if there are many forsakers. Also, we measure the
level of inequity that will occur in a realistic ATM scenario with exploiters and forsakers.

5.2

Retaliating forsakers

Forsakers enrich themselves at the expense of other agents, and lessen the effect of penalization. The question rises whether forsakers can be penalized just as exploiters, thereby making
forsaking unattractive. Unfortunately, from a practical perspective, this is much harder to
do.
First, forsaking may go unnoticed. To obtain a significant profit, an exploiter will have
to ask a price far above the price others expect, its disutility. Such a difference is easily
observable. A forsaker, in order to obtain a large profit, might need to drop its price only
slightly. This is less easily observable. A forsaker that has dropped its price slightly might
claim that it is correctly enforcing the penalty pricing rule, and that its disutility happens to
be slightly lower than the others expect, which is not easily rebutted. While exploitation is
more ‘obvious’, forsaking is more ‘subtle’.
Secondly, retaliating forsakers involves more work for the agents than retaliating exploiters. A problem owner that is the victim of exploitation will have a strong incentive
to retaliate the wrongdoer. It has been mistreated and has the (human) inclination to want
the other to be penalized. Thus, the initiative of retaliation can be left to the problem owner.
If an agent forsakes, the problem owner has no incentive to report the forsaking. The forsaker
drives the price down, which is advantageous to the problem owner. The other agents do have
an incentive to report the forsaking as it undermines the penalizing strategy. The initiative
of retaliation thus lies with the other agents. As a result, they should check each others ask
prices, which is more work.
Thirdly, penalizing forsakers involves more information sharing, as agents should have
knowledge of each others ask prices. Airlines are usually highly secretive about their operational information. We deem it plausible that an airline will be willing to give some
information in a 1-on-1 proposal of a deal (“I will wait for five minutes for the amount of
100”). However, to expect an agent to allow all other agents to get this information too and
thus get an insight in their operational efficiency, seems implausible.
Fourthly, even if some form of retaliating forsakers is in effect, forsaking can grow gradually
worse. As we said, forsaking that involves only small price drops can go unnoticed and can be
very tempting. So, all agents might try to secretly forsake with small amounts. In that case
they would all ask a price slightly lower than their disutility for a certain comparable action,
for instance the gate swap in figure 3. Everyone is asking a slightly lower price now, but since
everyone is asking it, it seems to be the ‘normal’ price. Agents might now want to duck just
below this new ‘normal’ price, which again might go unnoticed since it is only slightly lower.
Agents that try to forsake will not accuse others of doing the same because this would point
a finger at themselves as they ask comparable prices. In this way there can be a silent, slow,
collective decline of the agreement to retaliate forsakers.
The following proposition shows how a small, undetected drop in price can result in large
profits for forsakers, whereas exploiters can only obtain small profits by such a price change.
Proposition 5.6 (Retaliating forsakers). Suppose that price submissions that differ less than
some small amount γ of an agents cost price go unnoticed, i.e., agents are able to detect
0 | > γ where q
and determine the amount of exploitation and forsaking if | qr,c − qr,c
r,c is
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0
the price agent ar,c submitted and qr,c
is the price it should have submitted, i.e., ∀i, j, r, c :
p
0
qi,j,r,c = −ui,j,r,c + qi,j,r,c . Suppose that any deviation larger than γ is penalized and that
agents therefore stay within this limit. Then, after r rounds, a forsaker z may have realized
an advantage in its nett transferred utility of (r − 4) · β as a result of forsaking, while an
exploiter y can realize an advantage not greater than (n − 1) · −γ as a result of exploiting.

Proof. The maximal advantage that exploiter y can achieve after r rounds would be achieved
by exploiting in (r−1) rounds for an amount of γ, and then spending it all in one round.
nett ≤ (r−1) · γ.
Thus, ∀r : Uy,r
For a forsaker however, a scenario can be constructed in which its nett transferred utility
grows by approximately −β per round. This scenario is depicted in figure 4. In this scenario,
the following three things happen subsequently and repeatedly from round three onwards.
Between a coalition agent, an exploiter and a forsaker, the exploiter exploits the coalition
agent for the maximum amount possible. Then the forsaker makes a large profit by lowering
its price and charging less than the full penalty against the exploiter. Then the forsaker buys
the maximal amount of utility possible from the coalition agent. We will now give the scenario
in more detail. Note that in this scenario, we allow for tasks with a utility equal to zero. As
we normally require utilities to be less than zero, we should have used utilities of  instead,
but to reduce notational clutter somewhat we allow ourselves this relaxation.
In round one, an exploiter y exploits x for the amount of −β while providing a service
nett = U nett = 0.
with u1,er = 0. This gives bx,1 = β, by,1 = −β, Ux,1
y,1
In round two, y is problem owner and both x and z are actor in a candidate. The utilities
of the tasks of x and z are both β − . Agent x correctly charges the penalty and submits ask
price −2β − . Agent z forsakes and submits −2β, thereby winning the deal. After payments,
nett = β − .
bz,2 = −2 · β and Uz,2
In round three, agent z elects a candidate in which x is actor, with u3,e3 = 3β. Agent z
nett = −2 · β − . Agent x has b
pays the cost price, −3β. This gives bz,3 = β and Uz,3
x,3 = −2 · β,
nett
Ux,3 = 3 · β.
In round four, five and six, similar steps are repeated, involving the maximal possible
amount of exploitation by agent y, the maximal possible profit on forsaking by agent z and
the maximal possible nett transferred utility growth for agent z respectively.
nett = (2 + 3 ·
As rounds four, five and six are repeated infinitely, we have for n > 2, Uz,n
b n−3
3 c) · −β − , which is greater than (n − 4) · −β.

5.3

Discussion

Throughout this paper we assume that the occurrence of conflicts and repair candidates is
independent from the elected candidates. In reality of course, electing a certain candidate
will influence future conflicts and candidates. For instance, moving an aircraft from one gate
to another eliminates the possibility of a conflict with this aircraft on the first gate, but
introduces the possibility of a conflict with this aircraft on the new gate.
We assume that an agent will be capable to estimate to some extent the future consequences of executing a certain candidate. It may use this information in the calculation of
its ask price. For instance, if moving to another gate increases the chance on future conflicts,
an agent may ask extra money for such an action. In that way, agents can incorporate their
expectations of consequences of candidates in the allocation process.
Of course, such considerations make estimating ones true utility harder. Nevertheless,
we repeat that agents may use off-line discussion to increase the believability of their price

5

ENFORCING EQUITY

25

x
r=1
o1 = x
e1 = h 0, 0, 0 i

y

1
0
0
1
0
1
0
1

u=0
q = −β
payment: −β
by,1 = −β
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Figure 4: Forsaking with a small price drop. Agent y is exploiter and agent z is forsaker.
Shaded bar denotes problem owner.
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submission. This may very well include arguments on expected future consequences of candidates.

5.4

Conclusion

Concluding, we can say that the market mechanism with standard currency is not an effective
tool to achieve efficient and equitable plan repair in the ATM domain. It would be if agents
would truthfully submit cost prices, but selfish agents can be expected to exploit, resulting in
an inequitable allocation of repair tasks. The coalition agents may not be able to counteract
this via penalty pricing, as it can be attractive to deviate from this rule, thereby undermining
it. In the next section we will look at a different way of counteracting exploitation.

6

A new monetary system

The plan repair market discussed so far was based on the use of standard currency. We
saw that a market mechanism based on standard currency is unable to robustly counteract
exploitation. In this section we solve this problem by moving the penalty system to the
currency level. Our proposal comprises a currency system by which exploitation can be
counteracted, such that forsaking is not attractive. This currency system is derived from an
existing currency system, which we will introduce now.

6.1

WAT System

The system on which our proposal is based is the WAT-system, designed by Eiichi Morino
in 2000 [25]. It has since then been used in Japan, both among persons and companies. The
very nature of the system makes it hard to assess its scale and number of participants, but it
was said to be still in use, and growing, in 2004 [15].
Its most distinctive feature is the fact that it does not need a central bank or administration
to keep the books for its users. Instead, users issue their own credits by ordering or printing
a WAT-ticket and putting their name and signature on it. By signing a ticket, a user vouches
for its value, i.e., he promises to exchange a certain amount of goods or services in return
when asked. When a user accepts a ticket and wants to spend it in another deal, he adds
his name and signature to the ticket. In this way the list of users on a ticket grows as it
circulates. All these users vouch for the value of the ticket. If the last one should fail to
keep its promise, the second to last is liable, and so forth. The longer the list of names on a
ticket, the more confidence a user will have that it will yield the promised amount. Finally,
when a ticket travels back to its issuer, it is invalidated, which is called redemption. Every
WAT-ticket goes through the same three stages: issuing, circulation and redemption. An
electronic version of the WAT-system called i -WAT was developed by Saito in 2003 [18]. The
system lets users issue, circulate and redeem tickets electronically. To prevent against fraud,
OpenPGP is used and it is required that spending of a credit is approved by the issuer of that
credit each time. In the WAT-system, as in most monetary systems, all credits are assumed
to have the same value. Although this is highly practical, it is not theoretically sound. A
user could very well trust the agents that have signed one credit more than those that have
signed another credit, and therefore value the first credit higher. It is understandable that
a fixed value is chosen, as it would be infeasible for human users to have to assess the value
of every credit individually. For computational agents however, this is not impossible. Their
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computational power makes it possible for new, complex monetary systems to be used in
trade. Our proposal comprises such a currency system, more complex compared to standard
currency, but with equity properties that standard currency does not have.

6.2

The Spender-Signed Currency System

In the spender-signed currency system, agents may issue their own credits and circulate foreign
credits. Foreign credits are credits that have been issued by other agents, and have been
received in a transaction. Let Ii be the infinitely large set of credits agent i may issue. Let
Ci,r = { ¢1 , ¢2 , . . . , ¢n } be the purse of agent i in round r containing foreign credits ¢1 , . . . , ¢n .
Let Pi,j,r ⊂ (Ii ∪ Ci,r−1 ) denote a payment made by agent i to agent j in round r. Thus, a
payment may consist of credits issued on the spot or foreign credits that have been obtained
before, or both. Let
[[
PI,J,r =
Pi,j,r
i∈I j∈J

and
out
Pi,r

=

r
[
t=0

Pi,A,t

in
Pi,r

=

r
[

PA,i,t

t=0

Note that Pi,A,t = Pi,A\i,t and PA,i,t = PA\i,i,t , as an agent never pays any credits to itself.
The content of a purse is defined as follows:
(
∅
if r = 0
∀i, r : Ci,r =
(5)
(Ci,r−1 \ (Pi,A,r \ Ii )) ∪ (PA,i,r \ Ii ) if r > 0
Also, we keep track of the credits an agent still has in circulation:

∅
circ

∀i, r : Ci,r
=  circ
 Ci,r−1 ∪ (Pi,A,r ∩ Ii ) \ (PA,i,r ∩ Ii )

if r = 0
if r > 0

(6)

Each credit ¢ carries a list of signers s¢ = h s¢,0 , s¢,1 , s¢,2 , . . . i, defined as follows:
(
i
if (r = 0 ∧ ¢ ∈ Ii ) ∨ (¢ ∈ PA,i,r )
s¢,r =
−1 otherwise
So, the first signature on a credit is from its issuer. Then, each agent that receives the credit
in a payment adds its signature to the credit. If a credit is not spend in a round, the code
−1 is used to denote this. For example, a credit ¢ is issued by agent 1 in round 2 and given
to agent 4. At that moment, s¢ = h 1, −1, 4 i. The first value of this sequence shows that
¢ was issued by 1. Round 0 does not exist, in round 1 the credit was not spent and in
round 2 it was issued and given to agent 4. After that it stays in the purse of agent 4 in
round 3. In round 4 it is given to agent 3, who gives it back to agent 1 in round 5. At that
moment, s¢ = h 1, −1, 4, −1, 3, 1 i. Note that in a practical implementation of the system, each
agent will be required to sign a credit before he spends it, hence the name spender-signed
currency. We assume here that agents sign a credit directly after having received it, which
makes analysing the system slightly easier.
In the spender-signed currency system, each agent i has a reputation ri ≥ 0. A reputation
may be thought of as a measure for one’s trustability, although its theoretical meaning is
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slightly more complex. A reputation vector r = h r1 , r2 , . . . , rk i determines for every agent i
its reputation ri .
A credit is valuated by multiplying the reputations of all the agents that signed it up to
the current round.
r
Y
v(¢, r) =
rs¢,t
t=0

where r−1 = 1. For example, if for a credit ¢, s¢ = h 1, −1, 4, −1, 3, 1, −1, −1, −1, ... i and
r1 = 0.9, r3 = 0.8 and r4 = 0.7, it follows that v(¢, 4) = 0.9 · 1 · 0.7 · 1 · 0.8 ≈ 0.5.
The value of a set of credits is the sum of the values of the credits in it.
X
v(¢, r)
v(C, r) =
¢∈C

We assume that values of payments equal ask prices, i.e.,
∀i, j, r : v(Pi,j,r , r−1) = qj,i,r,er

(7)

It might seem counterintuitive that the ask price in a certain round must equal the value of
a payment set in the previous round. Actually, we require the ask price in a certain round to
be equal to the value of a payment set at the start of that round. But, as in a round credits
may change owner, may be signed and thus may change in value, v(P, r) denotes the value of
payment P at the end of round r. To refer to the value of P at the beginning of round r, one
needs to use v(P, r−1), as is done in (7).
The desirability of an agent’s current situation depends on three factors: its cumulative
utility, the value of its purse and the expected value of the credits it will have to redeem in
the future. The perceived utility is defined as follows:
p
circ
Ui,r
= Ui,r + v(Ci,r , r) − v(Ci,r
, r)

(8)

A natural equivalent of a bounded balance in the spender-signed currency system is a
bound on the value of one’s purse minus the value of one’s credits in circulation. Hence, we
define election rule (E4), an adapted version of (E2), as follows.
(E4)

:

, r−1) − qonett
∀r : er = min{ qr,c | v(Cor ,r−1 , r−1) − v(Cocirc
≥β}
r ,r−1
r ,r,c
c

In the spender-signed currency system coalition agents do not charge penalties, but punish
exploiters by lowering their reputation, as we will see in the next section. We thus assume
(Q2), in which coalition agents ask cost prices and exploiters exploit. For the convenience of
the reader, we repeat (Q2).
(Q2)

:

e
∀i, j, r, c : qi,j,r,c = −ui,j,r,c + qi,j,r,c

where
e
qi,j,r,c
=



−(ur,c̃2r − ur,c̃1r ) − 


0

if σi = σ e ∧ i = ar,c ∧ j = or ∧ i 6= j ∧ c = c̃1r
∧ ur,c̃2r < ur,c̃1r
otherwise

Finally, we extend the notion of a scenario with reputations. A scenario ζ = h π, σ, β, r i
is now a tuple consisting of a problem set π, a type vector σ and a reputation vector r.
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Relation with standard currency

Note that standard currency (with bounded balances) is a specialization of the spendercirc | (∗), all
signed currency system. If we choose r = h 1, 1, 1, . . . , 1 i and bi,r = |Ci,r | − |Ci,r
balance-related properties of the standard currency system with exploiters, being (3) (height
of balance), (4) (perceived utility) and (E2) (election rule), can be derived. First, we derive
that the value of a credit is equal to 1 and that the value of a set of credits is equal to its size.
v(¢, r) =

r
Y
t=0

v(C, r) =

rs¢,t =

X

r
Y

v(¢, r) =

¢∈C

Then we derive (3), (4) and (E2) as follows.

1=1

t=0

X

1 = |C|

(9)

¢∈C

circ
bi,r = |Ci,r | − |Ci,r
|

= | (Ci,r−1
= | (Ci,r−1

(∗)

circ
\ (Pi,A,r \ Ii )) ∪ (PA,i,r \ Ii )| − | Ci,r−1
∪ (Pi,A,r ∩ Ii ) \ (PA,i,r ∩ Ii )|
(by (5), (6))

circ
\ (Pi,A,r \ Ii )) | − | Ci,r−1
∪ (Pi,A,r ∩ Ii ) | + |PA,i,r |

circ
| − |Pi,A,r | + |PA,i,r |
= |Ci,r−1 | − |Ci,r−1

= bi,r−1 − |Pi,A,r | + |PA,i,r |

(by (∗))

= bi,r−1 − v(Pi,A,r , r−1) + v(PA,i,r , r−1)

(by (9))

= bi,r−1 − qi,A,r,er + qA,i,r,er

(by (7))

nett
qi,r,e
r

(3)

p
circ
Ui,r
= Ui,r + v(Ci,r , r) − v(Ci,r
, r)

(8)

= bi,r−1 +

circ
= Ui,r + |Ci,r | − |Ci,r
|

(by (9))

= Ui,r + bi,r

(by (∗))(4)

≥β}
er = min{ qr,c | v(Cor ,r−1 , r−1) − v(Cocirc
, r−1) − qonett
r ,r−1
r ,r,c
c

= min{ qr,c | |Cor ,r−1 | − |Cocirc
| − qonett
≥β}
r ,r−1
r ,r,c
c

≥β}
= min{ qr,c | bor ,r−1 − qonett
r ,r,c
c

6.3

(E4)
(by (9))
(by (∗))(E2)

Example: only circulation

The most important effect of the spender-signed currency system occurs when money is
circulated. We isolate this effect in this section by looking at an agent that only circulates.
Note that in a practical implementation of the spender-signed currency system, most agents
will probably issue credits. It is however possible that an agent never issues credits.
For an agent i that only circulates credits, i.e., never issued credits, we have that
∀r : Pi,A,r ⊆ Ci,r−1

(10)
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As agent i does not issue credits, it will never redeem any credits as well. It follows that
∀r : (Pi,A,r ∪ PA,i,r ) ∩ Ii = ∅
From (5) and (11) we may conclude
(
∅
∀i, r : Ci,r =
(Ci,r−1 \ Pi,A,r ) ∪ PA,i,r

(11)

if r = 0
otherwise

(12)

circ = ∅. As a result, U p reduces to
and ∀r : Ci,r
i,r
p
Ui,r
= Ui,r + v(Ci,r , r)

(13)

For our analysis of the spender-signed currency system, we need to define two new variin ) denote the sum of the values of the credits received by i up to and including
ables. Let v ∗ (Pi,r
round r, measured for each credit just after it was received by i.
in
v ∗ (Pi,r
)=

r
X

v(PA,i,t , t)

t=1
out ) denote the sum of the values of the credits spent by i up to and including round
Let v ∗ (Pi,r
r measured for each credit at the moment it was spent by i.

out
v ∗ (Pi,r
)=

r
X

v(Pi,A,t , t−1)

t=1

The following invariants are easily checked
in
in
∀i, r : v ∗ (Pi,r
) = v ∗ (Pi,r−1
) + v(PA,i,r , r)

∀i, r : v

∗

out
(Pi,r
)

=v

∗

out
)
(Pi,r−1

+ v(Pi,A,r , r−1)

(14)
(15)

We will determine the relation between the reputation of an agent that only circulates and its
perceived utility, as well as give a condition that the reputations must satisfy for exploitation
to be unattractive. First, we need to prove the following four propositions.
Lemma 6.1.

in ) − v ∗ (P out )
v(Ci,r , r) = v ∗ (Pi,r
i,r

Proof. For r = 0 the proposition clearly holds. Suppose
in
out
) − v ∗ (Pi,r−1
)
v(Ci,r−1 , r−1) = v ∗ (Pi,r−1

(IH)

Dividing Ci,r−1 in two parts, a part that is still in possession of i in round r and a part that
he spends in round r, and knowing from (10) that Pi,A,r ⊆ Ci,r−1 , we may write
Ci,r−1 = (Ci,r−1 \ Pi,A,r ) ∪ Pi,A,r

(∗)

It is easy to see that v is distributive. We may write
v(Ci,r−1 , r−1) = v((Ci,r−1 \ Pi,A,r ), r−1) + v(Pi,A,r , r−1)

(∗∗)
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Filling in (∗) in (12), given that r > 0, gives
Ci,r = (Ci,r−1 \ Pi,A,r ) ∪ PA,i,r
Seeing that Ci,r−1 \ Pi,A,r and PA,i,r are disjoint, we may write
v(Ci,r , r) = v(Ci,r−1 \ Pi,A,r , r) + v(PA,i,r , r)

(†)

The value of the part that agent i already had in possession did not change. Therefore,
v(Ci,r−1 \ Pi,A,r , r) = v(Ci,r−1 \ Pi,A,r , r−1)

(‡)

We can now rewrite as follows
v(Ci,r , r) = v(Ci,r−1 \ Pi,A,r , r−1) + v(PA,i,r , r))

(by (†),(‡)

= v(Ci,r−1 , r−1) − v(Pi,A,r , r−1) + v(PA,i,r , r)
=
=

Lemma 6.2.

∗

in
out
v (Pi,r−1
) − v ∗ (Pi,r−1
)
∗
in
∗
out
v (Pi,r ) − v (Pi,r )

− v(Pi,A,r , r−1) + v(PA,i,r , r)

(by (10) and (∗∗))
(by (IH))
(by (14),(15))

out ) = Qin .
v ∗ (Pi,r
i,r

Proof. For r = 0 the proposition clearly holds. Suppose
out
v ∗ (Pi,r−1
) = Qin
i,r−1

(IH)

We have
out
out
) + v(Pi,A,r , r−1)
v ∗ (Pi,r
) = v ∗ (Pi,r−1

= Qin
i,r−1 + qA,i,r,er
=
Lemma 6.3.

(by (15))
(by (IH), (7))

Qin
i,r

in ) = Qout · r .
v ∗ (Pi,r
i
i,r

Proof. For r = 0 the proposition clearly holds. Suppose
in
) = Qout
v ∗ (Pi,r−1
i,r−1 · ri

(IH)

It is easy to see that
v(PA,i,r , r) = v(PA,i,r , r−1) · ri

(∗)

We have
in
in
v ∗ (Pi,r
) = v ∗ (Pi,r−1
) + v(PA,i,r , r)

=
=
=

Qout
i,r−1 · ri + v(PA,i,r , r−1)
(Qout
i,r−1 + qi,A,r,er ) · ri
out
Qi,r · ri

(by (14))
· ri

(by (IH), (∗))
(7)
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p
in
Ui,r
= Ui,r + Qout
i,r · ri − Qi,r

Proof.
p
Ui,r
= Ui,r + v(Ci,r , r)

= Ui,r +
= Ui,r +

∗

in
out
v (Pi,r
) − v ∗ (Pi,r
)
in
Qout
i,r · ri − Qi,r

(by (13))
(by prop. 6.1)
(by props. 6.3 and 6.2)

The following proposition shows that a higher reputation is beneficial to a circulating
agent.
Proposition 6.5 (Circulation). Let π be a problem set, let σ be a type vector. Let i be
an agent and let r and r0 be reputation vectors such that ∀j : j 6= i → rj0 = rj . Let ζ =
h π, σ, −∞, r i and ζ 0 = h π, σ, −∞, r0 i. Then, under (Q2), (E4), for an agent i that only
p
p
0
circulates, it holds that ∀r : Ui,r
(ζ 0 ) = Ui,r
(ζ) + (ri0 − ri ) · Qout
i,r (ζ ).
in
0
in 0
Proof. We write Ui,r , Qin
i,r , er , etc. to denote Ui,r (ζ), Qi,r (ζ), er (ζ), etc., and write Ui,r , Qi,r ,
0
0
e0r , etc. to denote Ui,r (ζ 0 ), Qin
i,r (ζ ), er (ζ ), etc..
From proposition 6.4 we have
p
in
Ui,r
= Ui,r + Qout
i,r · ri − Qi,r
p0
0
0
0
in 0
Ui,r
= Ui,r
+ Qout
i,r · ri − Qi,r

We rewrite the first equation to
p
in
Ui,r = Ui,r
− Qout
i,r · ri + Qi,r

(∗)

out 0
in
in 0
As each agent uses the same strategy in ζ and ζ 0 , we have that Qout
i,r = Qi,r and Qi,r = Qi,r .
As balances are unbounded, the cheapest candidate is chosen each round in both scenario’s,
0 . It follows that
and we have ∀r : er = e0r and thus Ui,r = Ui,r
p0
0
in
Ui,r
= Ui,r + Qout
i,r · ri − Qi,r
p
out
0
= Ui,r
− Qout
i,r · ri + Qi,r · ri

(by (∗))

p
+ (ri0 − ri ) · Qout
= Ui,r
i,r

In the spender-signed currency system, agents can punish an exploiter by lowering its
reputation. If the reputations of exploiters are lowered enough, exploitation will be disadvantageous and thereby unattractive. The following theorem gives the condition that the
reputations of exploiters must satisfy for exploitation to be unattractive.
Theorem 6.6 (Exploitation). Let π be a problem set and let σ and σ 0 be type vectors such
that σi = σ c for some agent i, σi0 = σ e and j 6= i → σj0 = σj . Let i be an agent and let r and
r0 be reputation vectors. Let ζ = h π, σ, −∞, r i and ζ 0 = h π, σ 0 , −∞, r0 i. Let r be a round
such that agent i has had a chance to exploit in some round before r and suppose that agent
i only circulates money up until round r. Then, under (Q2), (E4), for an agent i that only
circulates, if r and r0 both satisfy the condition
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:
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∀j :



rj <

rj =

out
−Uj,r
Qout
j,r
out
−Uj,r
out
Qj,r

out
if Qout
j,r > −Uj,r

otherwise

p
p
it holds that ∀r : Ui,r
(ζ) > Ui,r
(ζ 0 ).

Proof. Using (Q2) and the definitions of Qout and U out , it is easy to derive
out
∀i, r : σi = σ c → Qout
i,r = −Ui,r
out
∀i, r : σi = σ e → Qout
i,r ≥ −Ui,r
out
Once an exploiter i has exploited, it is easy to see that Qout
i,r > −Ui,r . From proposition 6.4
we have
p
in
Ui,r
= Ui,r + Qout
i,r · ri − Qi,r
p0
0
0
0
in 0
= Ui,r
+ Qout
Ui,r
i,r · ri − Qi,r

which we may rewrite to
p
self
out
in
Ui,r
= Ui,r
+ Ui,r
+ Qout
i,r · ri − Qi,r
p0
self 0
out 0
0
0
in 0
Ui,r
= Ui,r
+ Ui,r
+ Qout
i,r · ri − Qi,r
out
Since i is coalition in ζ, we have Qout
i,r = −Ui,r . As a result, ri = 1. This gives
p
self
Ui,r
= Ui,r
− Qin
i,r
0
out 0
0
Since i is exploiter in ζ 0 , we have Qout
i,r > −Ui,r . As a result, ri <

out 0
−Ui,r
0 .
Qout
i,r

0
As Qout
i,r > 0, it

follows that
p0
Ui,r

<

self 0
Ui,r

+

out 0
Ui,r

+

0
Qout
i,r

out 0
−Ui,r
in 0
·
0 − Qi,r
Qout
i,r

self 0
0
= Ui,r
− Qin
i,r
self
self 0
As exploiting does not influence the elected candidate, we have Ui,r
= Ui,r
. As the
0
in
in
0
strategy of other agents is similar in ζ and ζ , we have Qi,r = Qi,r . Thus, we arrive at
p0
self 0
self
p
0
in
Ui,r
< Ui,r
− Qin
i,r = Ui,r − Qi,r = Ui,r

Figure 5 shows the outcome of an example scenario after three rounds. Outer arrows
denote money and inner arrows denote utility. In the first round, agent x issued 10 credits to
pay agent z for a utility of −10. The credits now bear the signature of x and z and are thus
worth rx · rz = 1 · 1 = 1 a piece. In the second round, agent y exploits and provides a utility
of −5 while getting paid the 10 x-credits. The signature of y is now added to the credits,
which are no worth rx · rz · ry = 1 · 1 · 0.5 = 0.5 a piece. In the third round, agent y uses the
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uz,x,1 = −10
Px,z,1 = P
= 10 x-credits
v(P ) = 10

x

z

ux,y,3 = −5
Py,x,3 = P
v(P ) = 5

y
uy,z,2 = −5
Pz,y,2 = P
v(P ) = 5

34

i
ri
Ci,0
Ci,1
Ci,2
Ci,3
nett
Ui,0
nett
Ui,1
nett
Ui,2
nett
Ui,3
p
Ui,3

x
1
∅
∅
∅
∅
0
10
0
5
5

y
0.5
∅
∅
P
∅
0
0
-5
0
0

z
1
∅
P
∅
∅
0
-10
-5
-5
-5

Figure 5: 10 x-credits are issued, circulated and redeemed. Agent y exploits..
credits it received to pay for a utility of −5, after which the credits are redeemed. It can be
seen that agent y is retaliated for its exploitation. Its low reputation resulted in its credits
loosing half their value, which led to a final perceived utility of zero.
It can also be seen that the victim of y’s exploitation, agent z, has a final perceived utility
of −5. In general, the spender-signed currency system does retaliate exploiters, but does not
compensate the victims of exploitation.

6.4

Forsaking

An important property of the spender-signed currency system is that forsaking is not an
attractive strategy. A forsaker used to win a deal by lowering its bid while still making a
profit. In the spender-signed currency system, agents ask cost prices. As a result, lowering
one’s bid will result in a loss. In other words, there is no common-sense incentive to forsake
in the spender-signed currency system.
What forsakers essentially did was slightly deviating from the penalty rule. In the spendersigned currency system, forsakers can do this by lowering reputations of exploiters less than
coalition agents do. In this way, they will probably win some deals, as their services appear
to be cheaper in the eyes of exploiters than comparable services of coalition agents. But, the
credits that they earn in this way have lost value in the eyes of non-forsakers, as the signature
of the exploiter is on it. If they spend this money on non-forsakers, it will yield less utility
than what they originally provided for it. Thus, forsaking will lead to losses.
We will in section 7 prove by experiment that forsaking is indeed unattractive.

6.5

Example: no circulation

In section 6.3 we saw how under the spender-signed currency system, an agent’s reputation led to advantages or disadvantages when the agent circulated money. By setting the
reputation of an exploiter to a low value, an exploiter can be penalized and if the losses it
makes on circulation are greater than the profits it makes from exploiting, exploitation will
be unattractive.
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uz,x,2 = −5
Px,z,2 = P
v(P ) = 5

ux,y,1 = −5
Py,x,1 = P
= 10 y-cdts
v(P ) = 5

x

z

y
uy,z,3 = −2.5
Pz,y,3 = P
v(P ) = 5
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i
ri
Ci,0
Ci,1
Ci,2
Ci,3
nett
Ui,0
nett
Ui,1
nett
Ui,2
nett
Ui,3
p
Ui,3

x
1
∅
P
∅
∅
0
-5
0
0
0

y
0.5
∅
∅
∅
∅
0
5
5
2.5
2.5

z
1
∅
∅
P
∅
0
0
-5
-2.5
-2.5

Figure 6: 10 y-credits are issued, circulated and redeemed. Agent y exploits..
However, in the spender-signed currency system as proposed thus far, a low reputation
does not negatively affect an agent when it issues and redeems money. To see this, consider
the scenario depicted in figure 6. Here, agent y is an exploiter and receives a utility of -5 from
by agent x. As ry = 0.5, agent y needs to issue 10 credits. These credits are then circulated
to agent z in return for the corresponding amount of utility. Then, in round 3, the credits
are redeemed by agent y. We assume that the utility provided by y is -2.5 and that agent y
is able to exploit for an amount of 2.5. At the end of round 3, all credits are redeemed so all
purses are empty. Agent y has a positive nett transferred utility however, and agent z, the
victim of exploitation, a negative nett transferred utility. Thus, agent y was not hindered by
its low reputation. For any other reputation of y greater than zero, a similar scenario can be
constructed.
In the spender-signed currency system, the reputation of an exploiter, if it is greater than
zero, does not have any negative effect if it only issues and redeems credits. One could argue
that, in the spender-signed currency system, the only correct valuation of a credit issued by
an under-deliverer is also zero. If it were not, the under-deliverer could always make a profit
on redemption by providing less utility in return than the worth of that credit. A credit
valuation function expressing this principle is the following.
(
0
if sc,0 < 1
v(c, r) = Qr
(16)
otherwise
t=0 rsc,t
If this valuation function is in effect, an agent that wants to continue to be able to issue
credits would have to refrain from under-delivering in order to keep its reputation equal or
greater than 1. The disadvantage of such a valuation function is that, as soon as an agent
has a reputation less than 1, its issued credits become worthless. If a lot of agents have a
reputation less than 1, only few agents can issue money which could stagnate the exchange
process by lack of means of payment.
An alternative solution requires non-uniform reputations. Before we give this solution, we
first need to define the theory for non-uniform reputations.
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uz,x,2 = −5
Px,z,2 = P
v(P ) = 5
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ux,y,1 = −5
Py,x,1 = P
= 10 y-cdts
v(P ) = 5

x

z

i
ri,i
rj6=i,i
Ci,0
Ci,1
Ci,2
Ci,3
nett
Ui,0
nett
Ui,1
nett
Ui,2
nett
Ui,3
p
Ui,3

y
uy,z,3 = −5
qy,z,3 = 10
Pz,y,3 = P
v(P, 3, z) = 5
v(P, 3, y) = 10

x
1
1
∅
P
∅
∅
0
-5
0
0
0

y
1
0.5
∅
∅
P
∅
0
5
5
0
0

z
1
1
∅
∅
∅
∅
0
0
-5
0
0

Figure 7: 10 y-credits are issued, circulated and redeemed. Agent y exploits.

6.6

Non-uniform reputations

Non-uniform reputations are the case when each agent i keeps a reputation ri,j ≥ 0 of each
other agent j. Thus, an agent may be considered to have different reputations by different
agents. Under non-uniform reputations, the value of a credit ¢ in a round r as perceived by
agent i is defined as follows.
r
Y
v(¢, r, i) =
ri,s¢,t
t=0

A credit will thus be valuated differently by different agents if the reputations that these
agents have of the signers differ. Furthermore,
X
v(C, r, i) =
v(¢, r, i)
¢∈C

The value of a payment set as perceived by the seller should be equal to the ask price.
∀i, j, r : v(Pi,j,r , r−1, j) = qj,i,r,er

(17)

Furthermore, we have
p
circ
Ui,r
= Ui,r + v(Ci,r , r, i) − v(Ci,r
, r, i)

and we assume (E5), defined as follows
(E5)
6.6.1

:

∀r : er = min{ qr,c | v(Cor ,r−1 , r−1, or ) − v(Cocirc
, r−1, or ) − qonett
≥β}
r ,r−1
r ,r,c
c

Exploitation on redemption

In section 6.5 we showed how an exploiter could, under the spender-signed currency system,
exploit on redemption without being penalized. Under non-uniform reputations, this problem
can be solved by requiring agents to have a reputation of themselves equal to 1, i.e.,
∀i : ri,i = 1

(18)
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To see the effect of this, consider figure 7, in which a scenario similar to that of figure 6 is
depicted. We assume rx,x = ry,x = rz,x = 1, rx,z = ry,z = rz,z = 1, rx,y = rz,y = 0.5 and
ry,y = 1. The scenario is similar to that of figure 6 until round 3. In that round, agent y
asks a price of 10 in return for a utility of −5, thus trying to exploit. He receives
from agent
P
zPthe payment P , which,
in
his
perception,
indeed
has
value
v(P,
3,
y)
=
v(¢,
3, y) =
¢∈P
P
r
·
r
·
r
=
1
·
1
·
1
=
10.
However,
for
agent
z,
the
payment
P
has
value
y,x
y,z
¢∈P y,y P
¢∈P P
P
v(P, 3, z) = ¢∈P v(¢, 3, z) = ¢∈P rz,y · rz,x · rz,z = ¢∈P 0.5 · 1 · 1 = 5. Also for agent x,
payment P has value 5. The result is that agent y initially issued the 10 credits in return
for a utility of −5, and eventually provided the same utility on redemption. Thus, it has not
exploited at all.

7

Experiments

We have in the previous sections shown that in the standard currency system, exploitation
cannot be counteracted due to forsakers. The result was an exchange with an undesirable
level of inequity. Also we showed that in the spender-signed currency system, exploitation
can be counteracted and the resulting exchange is bounded inequitable.
By implementing the plan repair market, both with standard currency and spender-signed
currency, we are able to establish four more important results.
Firstly, all of the dominance theorems we gave were under the assumption of unbounded
balances. We test by means of experiment whether the dominance results also hold under
bounded balances.
Secondly, we assess the effect that bounding the balances has on the efficiency of the
resulting exchange.
Thirdly, we assess the level of inequity that would occur if exploitation was not counteracted, or if forsaking was not counteracted.
Fourthly, we implement the spender-signed currency system as a proof of concept. We
test whether it performs as expected and whether it has an acceptable running time.

7.1

Implementation of the plan repair market

We implemented the plan repair market as described in sections 2 and 3. We chose to
incorporate a phenomenon that is important in current day plan repair: that of differently
sized airlines. We gave airlines different sizes such that the biggest airline is ten times as big
as the smallest. The size of an airline determines the probability of it being problem owner in
a round and actor in a given candidate. One’s size has, as we will see, important consequences
for one’s exploitation power.
In each experiment, we have 10 agents (k = 10) and 5000 rounds. Let sizei be the size of
agent i. We have chosen sizes 50, 45, 40, . . . , 5 for agents 1, 2, 3, . . . , P
10. The chance of being
chosen as problem owner for agent i in round r is equal to sizei / j sizej . We have used
colours in graphs to be able to discern different agents. However, the graphs will be almost as
informative if printed in black and white. Table 1 shows the sizes and colours of the agents.
Each round, one default candidate is generated, consisting of a task for the owner, and
two candidates are generated consisting of tasks for two randomly chosen agents. Note that
the problem owner may be actor in the second or third candidate. Thus, there can be more
than one default candidate. The chance of being chosen as actor in the second candidate for
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i
1
2
3
4
5
6
7
8
9
10

sizei
50
45
40
35
30
25
20
15
10
5

colour of i
black
red
blue
yellow
green
purple
light blue
magenta
gray
orange

–
–
–
–
–
–
–
–
–
–

Table 1: Agent sizes and colours.
P
an agent i in round r is equal to sizei / j sizej . The same holds for the third candidate.
The first candidate has a utility to the owner that is chosen from a gaussian distribution with
mean −50 and variance 5. The other two candidates have utilities for the actor chosen from
a gaussian distribution with mean −12.5 and variance 5. So, the second and third candidates
are usually more efficient.
Each round, a candidate is chosen according to a certain election rule. No candidate can
be chosen that would make the balance (or value of the balance) of an agent go below the
bound. We have added an extra rule to the experiments to incorporate a principle that can
be expected to be important in reality. Agents that have accumulated a lot of wealth have
less need than others to earn extra money, as they are far above the bound. Also, they have
typically a low nett transferred utility, which indicates that they have given much more help
than received. For both reasons, these agents are exempted from providing help until their
balance is restored. We have implemented this rule as follows. In every round r in which
circ , r) > −2 · β, two things
there is an agent i for which bi,r > −2 · β or v(Ci,r , r) − v(Ci,r
happen. First, agent i is exempted from providing help by bypassing the candidates in which
it is actor. Secondly, if agent i is problem owner, it will always choose a non-default candidate
if possible, even if a default candidate would be less expensive. In this way the agent uses its
money to avoid effort.

7.2

Example scenario’s

We start with five example experiments. The first experiment is the default scenario, which
represents the current situation at airports, where no collaboration takes place.In each round
the default candidate is elected and no payments are made. We implemented this by setting β
equal to 0, i.e., if π is as described above, the first experiment is the scenario h π, σ c , 0 i under
(Q1) and (E2). The results can be seen in figure 8. Perceived utilities range from −3575 to
out = U in = b
−28744 after 5000 rounds. Note that in this experiment ∀i, r : Ui,r
i,r = 0 and
i,r
p
thus ∀i, r : Ui,r = Ui,r . Naturally, inequity is equal to zero in the default scenario.
The second experiment is the efficient scenario, which represents the situation where
agents fully collaborate by truthfully submitting cost prices while balances are unbounded.
Figure 9 shows the result of scenario h π, σ c , −∞ i under (Q1) and (E2). Perceived utilities
range from −1134 to −11098 after 5000 rounds. Thus, perceived utilities are better than in
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(a) Perceived utilities

(b) Nett transferred utilities

(c) Balances

Figure 8: Default scenario: β = 0.

(a) Perceived utilities

(b) Nett transferred utilities

(c) Balances

Figure 9: Efficient scenario: β = −∞.

(a) Perceived utilities

(b) Nett transferred utilities

Figure 10: Collaborative scenario: β = −100.

(c) Balances
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nett , can be recognized in
the previous scenario. The invariant of proposition 3.3, ∀i : bi,r = Ui,r
figures 9b and 9c. The lowest point that U − reached was approximately -500. Note that in
this scenario, U − is not bounded and may thus become arbitrarily low.
The third experiment is the collaborative scenario, in which agents truthfully submit cost
prices and use bounded balances. The adjective ‘collaborative’ denotes the fact that agents
truthfully submit cost prices, but do care about equity and hence use bounded balances.
Figure 10 shows the result of scenario h π, σ c , −100 i under (Q1) and (E2). Perceived utilities
range from −1134 to −11352 after 5000 rounds. Thus, perceived utilities are considerably
better than in the default scenario and almost as good as in the efficient scenario. Note that
the effect of the bound was felt mostly by the three agents who in the efficient scenario had
a relatively low balance. These agents had to elect default candidates sometimes to keep
their balance above the bound. Furthermore, we see that theorem 3.4 holds, i.e., ∀r : Ur− ≥
(k − 1) · β. In fact, inequity is at a much more desirable level, the lowest level it reached was
approximately 2 · β.
The fourth experiment is similar to the collaborative scenario, but two agents have decided
to exploit, agents 4 and 8. Figure 11 shows scenario h π, σ, −100 i under (Q2) and (E2), where
σ = h σ c , σ c , σ c , σ e , σ c , σ c , σ c , σ e , σ c , σ c i. It can be seen that the two exploiting agents achieve
a significant improvement in both their perceived utilities and their nett transferred utilities,
especially agent 4, the larger of the two.
In the fifth experiment, all agents exploit. Figure 12 shows scenario h π, σ, −100 i under
(Q2) and (E2), where σ = σ e . It can be seen that the nett transferred utilities diverge,
leading to steadily increasing inequity. It can also be seen that the larger airlines come out
on top. We will say more about this later.

7.3

Influence of the bound

To examine the relation between the bound, efficiency and equity, we set up a series of
experiments in which we vary the bound. Figure 13 shows the results of scenario’s h π, σ c , β0 i,
h π, σ c , β1 i, . . . , h π, σ c , β9 i under (Q1) and (E2), where β = h 0, -10, -25, -50, -100, -200,
-500, -1000, -2500, -999999 i. The first column shows the perceived utilities of the agents in
the first experiment, the second column those of the second experiment, and so on. It can be
seen that decreasing the bound improves the perceived utilities of the agents but increases
inequity.
It is up to the mechanism designer or the agents involved to determine the desired tradeoff between efficiency and equity. We judge from figure 13 that β = −100 is a bound that
achieves a desirable trade-off in the collaborative scenario. We will therefore use it in the
following experiments. Note that in different scenario’s, different bounds might be needed
to achieve the most desired trade-off. However, for our experiments a constant bound will
suffice as we intend to show that our main results hold under balances that are bounded by
a bound, not necessarily the ideal bound.

7.4

Dominance of strategies and inequity of exchange under standard currency

To prove dominance of strategies we run several series of experiments. Often experiments
with different types of agents are done with a certain chosen distribution of agent types. We
however chose to run experiments with many different distributions of agent types. These dis-
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(b) Nett transferred utilities

(c) Balances

Figure 11: Two exploiters.

(a) Perceived utilities

(b) Nett transferred utilities

(c) Balances

Figure 12: All agents exploit.

Figure 13: Perceived utilities and equity under a decreasing bound.
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tributions are spread uniformly throughout the total distribution space. Extreme cases with
only agents of a certain type are covered, and sample distributions between these extremes lie
on equal distance from each other. This gives a fairly good sample of the total distribution
space, and thereby a good basis to judge the dominance of strategies. Given the problem set,
the pricing rule and the bound, if a certain agent type outperforms the other agent types in
all of the tested distributions, we have strong evidence that a strategy is dominant.
To correctly compare performance of agents in different scenario’s, we use the same problem set in each experiment. This is achieved by seeding the random number generators. Also,
we score the agents by their relative normalized perceived utilities:
scorei,r =

p
p0
Ui,r
− Ui,r

sizei

p
p0
where Ui,r
is the perceived utility of agent i in the current experiment, and Ui,r
the perceived
utility that agent i would have had in the corresponding efficient scenario, i.e., if ζ = h π, σ, β i
is the scenario in the current experiment, ζ 0 = h π, σ c , −∞ i is the corresponding efficient
p0
scenario in which Ui,r
is measured. Using this definition cancels out the effect of size on an
agents score, as well as a priori advantages or disadvantages as a result of the problem set
that has been generated (as these a priori advantages occur both in ζ and in ζ 0 ).
The inequity measure we have used so far is informative, but has a slight disadvantage. In
the collaborative scenario for instance, at a given moment, some agents will have a positive
balance and a negative nett transferred utility, and some agents will have it the other way
around. As inequity is always measured as the lowest nett transferred utility, inequity will
usually be a negative number close to the value of the bound. In the coming experiments,
we are most interested in those agents who have a higher or lower nett transferred utility
than they should have based on their balance. To see which agents have disproportional nett
transferred utilities, we use the adjusted inequity measure, defined as follows.
nett
nett
nett
(e) + bk,r }
Ur−∗ (e) = min{ U1,r
(e) + b1,r , U2,r
(e) + b2,r , . . . , Uk,r

In the case of non-fungible currency, we use the following definition.
nett
circ
nett
circ
, r) }
(e) + v(Ck,r , r) − v(Ck,r
(e) + v(C1,r , r) − v(C1,r
, r), . . . , Uk,r
Ur−∗ (e) = min{ U1,r

Thus, the adjusted inequity measure is the inequity measure with remaining balances taken
into account.
In our first series of experiments, we let coalition agents compete against exploiters without
penalty pricing. We run six experiments, starting from a distribution with only coalition
agents, then with increasing number of exploiters, ending with only exploiters. Let
σ1 = σc,
σ2 = h σe, σe, σc, σc, σc, σc, σc, σc, σc, σc i ,
σ3 = h σe, σe, σe, σe, σc, σc, σc, σc, σc, σc i ,
σ4 = h σe, σe, σe, σe, σe, σe, σc, σc, σc, σc i ,
σ5 = h σe, σe, σe, σe, σe, σe, σe, σe, σc, σc i ,
σ6 = σe
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Figure 15: Penalty pricing.

Figure 14 shows the results of experiments π, σ 1 , −100 , π, σ 2 , −100 through π, σ 6 , −100
under (E2) and (Q2). It can be seen that in each of the experiments where exploiters participate, they gain a significant advantage over the coalition agents. The experiments confirm the
fact that exploitation is dominant over exploiting in the absence of forsakers, when balances
are bounded. Examining the agents individually, we observed that bigger agents came out
on top. To understand this, we examined the auctions, and found that bigger agents more
often were actor in candidates in rounds in which they were problem owner. Thus, they had
more often the possibility to solve their own problems, which made them less vulnerable to
exploitation. Also, they were more often actor in both of the ‘cheaper’ candidates (candidates two and three) when another agent was problem owner. This made them very strong
exploiters, as they could raise their price in both candidates4 . Thus, the experiment showed
that bigger agents are less often exploited and exploit better themselves, which is in line with
our reasoning in section 4.1
These differences in exploitation power caused significant differences in nett transferred
utilities. When all agents adopt the dominant strategy, i.e., when all agents exploit, adjusted
inequity is at an undesirably low level (−299). It can also be seen that the plan repair
market with bounded balances is essentially a prisoners dilemma; when all agents follow
their optimal, selfish strategy, all agents are worse off than if they would have followed the
collaborative strategy.
In our second series of experiments, we let coalition agents use the penalty pricing rule.
We choose to make two adjustments to the theory set out in section 5. Firstly, to achieve a
non-trivial advantage, the coalition agents structurally overestimate the exploitation done by
exploiters slightly. Figure 15 shows the results of experiments π, σ 1 , −100 , π, σ 2 , −100
through π, σ 6 , −100 under (E3) and (Q3). It can be seen that under penalty pricing, the
coalition strategy is a dominant strategy. When all agents adopt the dominant strategy, i.e.,
when all agents are coalition, adjusted inequity is at the ideal level (under β = −100) of −19.
4
Raising one’s price in more than one candidates was not modeled in our theory, as we wanted to keep its
complexity to a minimum. We did implement it in the experiments however, as it is realistic behaviour that
can be expected from rational, selfish agents.
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Figure 16: Results of the experiments with forsakers.

In our third series of experiments, we introduce forsaking agents, which exhibit the forsaking behaviour described in section 5.1. We also introduce forsaking exploiters, agents
that will exploit in one round and forsake in another. This leads to a larger number of
experiments, which can be seen in figure 16. The experiments correspond with scenario’s
{ h π, σ, −100 i | σ ∈ Σ } under (Q4) and (E3), where Σ is the set of all type distributions
consisting of m exploiters and n forsakers, where n and m are in { 0, 2, 4, 6, 8, 10 }. The first six
experiments correspond with the series in figure 15. Subsequent groups of six show increasing
numbers of forsakers, until in the last six experiments, all agents are forsaking.
It can be seen that in every experiment, forsaking is a dominant strategy. The last six
experiments show that, when all agents forsake, it is dominant to exploit too. Examining the
p
agents individually, we observed that for all agents i except agent 1, Ui,5000
( π, σ ef , −100 ) <
p
Ui,5000
(h π, σ c , −100 i), where σ ef is the type vector denoting that all agents exploit and forsake. Thus, if all agents follow the dominant strategy, all agents except one are worse off.
Thus, the plan repair market with standard currency and penalty pricing has the characteristics of a prisoners dilemma. Also, in that case the adjusted inequity is at an undesirably
low level (−261).
Concluding, we can say that the experiments confirm our results under bounded balances.
Exploitation is dominant over submitting cost prices, and when all agents exploit the inequity
of exchange is significant. The penalty pricing rule counteracts exploitation, but forsaking
is dominant over the coalition strategy under penalty prizing. When all agents forsake, it
is dominant to exploit too. When all agents exploit and forsake, the resulting inequity of
exchange is significant.
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Figure 17: Results of the experiments with spender-signed currency.

7.5

Spender-signed currency system

For our final experiments, we implement the spender-signed currency system. We implement
the following dynamic reputation rule.
ri,r =

out
−Ui,r
out
out
Qout
i,r + α · (Qi,r + Ui,r )

(19)

with α > 0. Thus, exploiters are, besides compensated for their exploitation, punished extra
proportionally to the amount of exploitation. Most agents use α = 1.5. However, there are
also forsaking agents, who lower their reputation of forsakers less than the other agents (see
also section 6.4). Thereby, they will sometimes win deals. Forsaking agents use α = 1.
We test the spender-signed currency system in the same distributions of agent types that
we used in the previous series. Figure 17 shows the results of scenario’s { h π, σ, −300 i | σ ∈
Σ } under (Q4) and (E2), where Σ is as described earlier. It can be seen that the coalition
agents outperform the other agents in every experiment they participate in. This confirms the
fact that spender-signed currency is a robust facilitator of efficient and equitable exchange,
resistant against forsakers. Reputation rule (19) with α = 1.5 is a sufficient reputation rule
for its purpose.
This series of experiments took 51.3 seconds to execute on a Xeon 5160, 3.0GHz processor.
A total of 4035059 credit transfers took place. As there are 36 experiments with 5000 iterations
each, there have been 36 · 5000 = 180000 rounds. The default candidate was chosen a total of
24654 times, which leaves a total of 180000 − 24654 = 155346 times a non-default candidate
was chosen, i.e., 155346 transactions have taken place. In each transaction, the owner had an
average purse size of 225.2. Furthermore, an average of 4035059/155346 = 26.0 credits were
transferred in each transaction. So, to determine an estimated best deal for an owner holding
approximately 225 foreign credits, with two potential sellers, with the best deal involving 26.0

8

DISCUSSION AND FUTURE WORK

46

credits approximately, costs less than 51.3/155346 = 0.33 milliseconds. This is more than
acceptable for a real-life implementation.

7.6

Conclusion

We saw that the height of the bound influences the trade-off between equity and efficiency, and
that a reasonable trade-off between efficiency and equity can be achieved in the collaborative
scenario.
The experiments showed that, under standard currency, significant inequity occurs in a
scenario with coalition agents, exploiters and forsakers. Forsaking is dominant, and if all
agents forsake, exploitation is dominant too. If all agents exploit, bigger agents derive a
greater advantage than small agents which leads to significant inequity.
The experiments with spender-signed money showed that the coalition strategy is dominant over exploitation and forsaking and effectively counteracts exploitation if agents use
reputation rule (19). The result is that all agents will want to adopt the coalition strategy,
which leads to the desired trade-off between efficiency and equity.

8

Discussion and future work

In this paper we chose to use candidates consisting of only a single task to keep complexity to
a minimum. We believe that the theory can be extended to candidates that involve multiple
tasks for multiple agents. This has interesting consequences for exploitation, coalition and
forsaking behaviour. For instance, if there are multiple exploiters actor in the most efficient
candidate, they should ‘collaboratively’ exploit if they want to achieve maximal profit. Similar
effects occur with penalty pricing and forsaking. We believe that our results will still hold,
that is, that exploitation is dominant over asking cost prices, that penalty pricing resolves the
exploitation problem, that forsaking is attractive when penalty pricing is in effect and that
the spender-signed currency system resolves the forsaking problem.
Another point of future research is the case of a limited instead of an unlimited number
of rounds. It might be the case that in practice, the mechanism should be able to ‘restart’,
i.e., start over again with cleared balances and counters. This introduces an ‘endgame’ before
the mechanism is restarted, possibly with unintended results.
Finally, we want to investigate the efficiency and equity of exchange under the spendersigned currency system when communication and reputations are local instead of global. If
agents believe only some of the other agents, and distrust agents they are not familiar with,
the system will show a different behaviour. For instance, we expect credits to stay ‘closer’ to
the issuer. We want to investigate the effect this has on efficiency and equity.
Also, assuming local communication and trust enables us to answer an important remaining question, namely if the use of reputations introduces new possibilities for strategic
behaviour by agents. Among others, we aim to prove the following two hypotheses in future
work. Firstly, we hypothesize that an agent will in many cases not derive a significant personal
advantage by lowering the reputation it has of another agent. Rather it will find that, as a
result, the collaboration between the two will be less. Secondly, we hypothesize that in some
situations, lowering the reputation of another agent can be advantageous, but this behaviour
can be robustly counteracted just as exploitation can. In general, the spender-signed currency
system enables agents to robustly counteract many forms of malicious behaviour.
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Related work

Currency systems in which agents may issue their own money have been proposed in the literature. Usually these are issuer-signed currency systems, in which credits are only identified
by their issuer. For instance, in [21] the so-called lightweight currency protocol is proposed
in which users issue money to pay for usage of resources. The authors do not analyze the
economic aspects of their system but expect only a few highly coveted currencies to remain,
analogous to the real world. In [16] several token- and trust-based P2P sharing mechanisms
are compared and shown to be specializations of an issuer-signed currency system called stamp
trading [14].
Issuer-signed currency systems suffer from the problem described in section 6.5; malicious
agents such as exploiters are not necessarily negatively affected by a declining rate. Moreover,
if the rate of a malicious agent has become zero, it can switch to using other currencies and
continuing its malicious behaviour. The spender-signed currency system solves this problem
by making ones reputation affect circulation.
In research on digital cash, the technique of signing credits is sometimes used to achieve
transferability of credits, i.e., making it possible to transfer a credits without having to involve
the original issuer. Signing credits is then necessary to achieve properties such as anonymity
and robustness against fraud [26].
It is often observed that human and corporate behaviour is not purely based on reciprocity
but also on commitment [8, 2]. We think that the proposed mechanism is perfectly suited for
cooperation based on commitment. A non-uniform reputation value can serve as a commitment value. In that case, the more two agents are committed to each other, the more they
find each others bids appealing and the more they will collaborate as a result.

10

Conclusion

We showed that the use of standard currency in the plan repair market can lead to a desirable
trade-off between efficiency and equity of exchange among benevolent agents. We also showed
that with selfish agents, this trade-off is not guaranteed. When agents exploit, bigger agents
have an advantage over small agents, leading to significantly inequitable exchange. We showed
that it is not possible for even a large coalition of agents to punish exploiters, as only a
few forsakers are enough to undermine the coalition strategy, giving exploiters back their
advantage.
We introduced the spender-signed currency system and showed how agents can punish
exploiters by adjusting their reputations. Contrary to the standard currency system, forsaking
is not attractive as it yields credits that have lost value and therefore lead to a loss. In this
system, it is attractive for all agents not to exploit, which gives the desired trade-off between
efficiency and equity.
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